CAU HOI
Caul. Chohinhchép S.ABCD c6 day la vudng canh a. Biét SA vudng gdc véi mat phang day va
SA=a+/3.Vé&duong cao AH cuatam giac SAB.V& duong cao AK cuatam gidc SAD. Khi do:

Cac ménh dé sau dung hay sai?

Ménh dé Pung | Sai

a) | BC L AH

b) . , .
Khoang cach tir A dén mat phang (SBC) bang:

a3
2
%) a2

Khoang cach tir A dén mat phang (SBD) bang: ;

d) a5

Khoang cach tir C dén mat phang (AHK) bang: =

Cau 2.  Cho hinh chop S.ABCD c6 day ABCD Ia hinh chit nhat véi AB = a\/z, AC = a\/§. Canh
bén SA=2a vavudng goc véi mat day (ABCD) . Khi do:

Céac ménh dé sau dung hay sai?

Ménh dé Piing | Sai
a) | AD//(SBC)
b) , p \ J o 2 3 av3
Khoang cach tir D dén mat phang (SBC) bang: 3

C , .

) Khoang cach gitra hai duwong thang SD, AB bang: 2a5\/§
d . , . 3

)| Thé tich khi chép S.ABCD bing: @a

Cau3. Chohinhchép S.ABC c6 mat bén (SAB) vudng goc véi mit day va tam giac SAB déu canh
2a. Biét tam giac ABC vuong tai C va canh AC =a+/3. Khi d6: Cac ménh d@ sau ding hay sai?

Ménh dé Pung | Sai

a) | SH L (ABC)

b) | d(s,(ABC)) =a+/3

9 d(C, (SAB)) = %

d) 2 ar Z- , : a.3
Thé tich cuaa khoi chop S.ABC bang o

Cau 4. Cho hinh chép S.ABCD c6 day ABCD Ia hinh chit nhat véi AB =2a, AD =a. Hinh chiéu
cua S 1én mit phang (ABCD) la trung diém H cua AB va SCH =45 . Khi d6: C4c ménh dé sau ding
hay sai?

Ménh dé Piing | Sai

a) | BC L (SAB)

b) a6

¢) | Goi K 1a trung diém CD khi d6: CD L (SHK)

d)

d(H,(SCD)) =%




Cau 5. Cho hinh hop chit nhat ABCD-ABC'D' ¢ AB=a, AD =h, AA =c. Khi d6: Cdc ménh dé sau
dung hay sai?

Ménh dé Piing | Sai

a) | AB J_(ADD'A')

b) \b? +¢?

Khoang céch tir diém A dén duong thing BD' bing: ————
va® +b*+c?

€) | Goi I,J theo tht tu 1a tam cta cac hinh chit nhat ADD'A,BCC'B’. Khido 1J 1a
duong vudng goc chung cua hai duong thang AD" va B'C.

d) | Khoang cach hai duong thang AD" va B'C bang 2a

a3

Cau 6. Cho hinh chép déu S.ABC c6 canh day bang a, goi O la thm cia ddy va SO = = Khi do:

Cac ménh dé sau dung hay sai?

Ménh dé Piing | Sai
a
)| po-aB
2

b)

d(O,SA):%.
c
) Ké duong cao Al cua tam giac ABC, khi do: Ol :a—f
d) a/15

d(O,(SBC)) =

(0.(SBC) =—7

Cau 7. Cho lang try dang ABC-AB'C ¢ AC =a,BC =2a, ACB=120". Goi M 1a trung diém cua
BB'. Khi d¢6: Cac ménh dé sau dung hay sai?

Ménh dé Pung | Sai
a) _aJ21

d(cc’,(ABB’A’))_ s

b) a/21

12

d(cc’,AM)=

C) | AA" L (ABC),AA L(ABC')

d) | Biét khoang céch gitra hai mat day ling tru bang 2a. Khi d6 thé tich khdi lang tru Ia:

a’/3.

Cau8. Cho hinhchép S.ABCD c6 SA L (ABCD),SA=a+«/3, ABCD la hinh vudng canh biang a. Khi
d6: Céac ménh dé sau dung hay sai?

Ménh dé Piing | Sai
2 d(A,(SBC)) zga
b) | AD//(SBC)
) d(D,(SBC))z%&
| . .; s V3
Goi M 1a trung diem SA. Khi do: d(M,(SBC)) = Ta




Cau 9. Cho hinh chép S.ABC c6 day 1a tam giac ABC vudng tai B c6 AB=1, ACB=30". Biét SA

vudng goc véi mit day va SA=2. Goi H 1a hinh chiéu cua A trén SB. Khi do:

Cac ménh dé sau dung hay sai?

Ménh dé Pung | Sai
a) | d(A SB) = AH
b) d(B, (SAC)) = g
) | BC=4/3
9 Thé tich khdi chop S.ABC bang: %

Cau 10. Cho hinh lang try tam giadc déu ABC-AB'C’ ¢6 canh ddy bang 2a, khoang cach tir diém A

a3

dén mt phang (AB'C') bing = Khi d6:

Cac ménh d¢é sau dung hay sai?

Ménh dé

Ding

Sai

a) | Trong mit phing (AB'C'), ké AH LBC' tai H.Khidé: B'C' L (AA'H)

b) d((ABC),(A’B’C’)):a.

C) | Dién tich déy cua lang try 1a: a’\/5

d) | Thé tich khéi lang tru 13: a3




LOI GIAl
Caul. Chohinhchép S.ABCD co day la vudng canh a. Biét SA vubng géc véi mit phang day va
SA=a\3. V@ duong cao AH cua tam giac SAB.Vé duong cao AK cua tam giac SAD . Khi do:
a) BC L AH

b) Khoang céach tir A dén mit phang (SBC) bang: a_\2/§
c) Khoang cach tir A dén mat phang (SBD) bang: #
d) Khoang cach tir C dén mat phiang (AHK) bang: %
Loi giai

| a) Piing | b) Puing | ¢) Sai | d) Sai

— BC L (SAB)= BC L AH,

. (BC L SA(do SA L (ABCD))
Taco:
BC L AB

ma SB L AH nén AH L (SBC) hay d(A,(SBC))=AH .

Tam giac SAB vubng tai A c6 duong cao AH nén

1 1 1 AB-SA a-a\3 a3

= + = = = = )
AH?  AB?  SA? JAB?+SA2  Ja?+3a? 2

Vay d(A, (SBC)) = AH =a—23.

Goi O la tdm hinh vuéng ABCD thi AO 1 BD, talaic6 SA_L BD nén BD L (SAC). (*)
Ké duong cao AE cua ASAO thi AE 1 BD(do (*)).

Vay AE L (SBD) hay d(A, (SBD)) = AE .



a2

Tacod: AC =av2 (duong cheo hinh vuong), suy ra OA = A_2C ==

a2
a3 22
Tam gidc SAO vudng tai A c6: AE = SA-AO0 2__ a\/ﬂ.

JSA? + AO? \/3a2+2a?-_ 7
4

av/21
.

Vay d(A,(SBD)) = AE =

, , SC L AH
Ta chimg minh dugc AK L (SCD). Khi do: = SC 1 (AHK).
SC L AK

Goi F =SC (AHK) thi SC L AF.

Khi dé: d(C,(AHK))=CF .

Taco: SC =+/SA? + AC? =+/3a% +2a =a+/5.
Tam giac SAC vudng tai A co6 duong cao AF nén:
AC® 2a®> 2a\5

CS a5 5 °

2a\/§

5

CFCS=AC?’=CF =

Vay d (C,(AHK)) =CF =

Cau 2. Cho hinh chop S.ABCD c6 day ABCD Ila hinh chit nhat véi AB = a\/ﬁ, AC = a\/§. Canh
bén SA=2a vavubng goc véi mat day (ABCD) . Khi do:
a) AD//(SBC)

b) Khoang cach tir D dén mat phang (SBC) bang: a_\f
c) Khoang céch giita hai dudng thang SD, AB bang: ZaS\E
3
d) Thé tich khéi chép S.ABCD bing: @a
Loi giai
| a) Pung | b) Sai | ¢) Diing | d) Sai

a) Taco: AD//BC = AD//(SBC) = d(D,(SBC)) = d(A, (SBC)).

Trong mit phiang (SAB), ké AH L SB tai H. (1)

~ (BC L AB
Ta co: = BC L (SAB)= AH L BC. (2)
BC LSA



Tu (1) va (2) suy ra AH 1 (SBC) hay d(A,(SBC))=AH .

Tam giac SAB vuong tai A c6 duong cao AH nén:

1 _ 1 1,  SAAB _ 2aaf2 _2a3
AH? SA®  AB’ JSAZ y AB?  Jaa?i2a2 3
2a+/3

Vay d(D,(SBC)) =d (A, (SBC)) = AH =

3

b) Trong mit phang (SAD), ké AK L SD tai K. (3)

 (AB LSA
Ta co: — AB L (SAD) = AB L AK .(4)
AB L AD

Tir (3) va (4) suy ra AK 1a dudng vudng goc chung cua hai dudng thang chéo nhau AB,SD.

Tam gidc ACD vudng tai D nén AD =+/AC2—CD? =+/3a’ —2a* =a.

Tam giac SAD vuong tai A co6 duong cao AK nén

2=z P apz - 2 2 2, .2
AK?® SA® " AD JSAZ+ AD? 442’ +a 5

2a\/§

Vay d(AB,SD) = AK ===

1 1 1 SA- AD 2a-a 2a+/5

c) Dién tich day hinh chop 1a: S,eep =a-a+/2 =a2/2.

Thé tich khéi chop can tim 1a:

(don vi thé tich).

1 1 2./2a°
VS.ABCD ZESA'SABCD =§’2a'a2'\/7= 3

Cau 3. Chohinh chép S.ABC c6 mit bén (SAB) vudng goc véi mat day va tam giac SAB déu canh
2a. Biét tam giac ABC vuong tai C va canh AC =a+/3. Khi do:

a) SH L (ABC)

b) d(S,(ABC))=a+/3



a3

) d(C.(SAB)) =2~

3

d) Thé tich cua khéi chép S.ABC bing %

Loi giai

a) Diing | b) Pung | ¢) Sai | d) Sai

a) Goi H la trung diém AB, ma tam giac SAB déunén SH 1 AB.
Ngoai ra (SAB) L (ABC) nén SH L (ABC).

2a-\/§
2

Taco: d(S,(ABC))=SH = = a+/3(do tam gi4c SAB d&u canh 2a).

S

K¢ duong cao CK cua tam gidc ABC.

. |CK LAB
Ta c0: = CK L (SAB) = d(C,(SAB)) =CK..
CK LSH

Xét tam gidc ABC vubng tai C co:

BC =+ AB2—AC? =+/4a®—3a% =a:CK =

CA-CB _ a\/§-a: a3
B 2

A 2a
Vay d(C, (SAB)) = CK = #
2
Dién tich d4y hinh chop 1a: S, .. = % AC-BC = %a\@ a=2 2‘/§ :
2 3
Thé tich khéi chop 12: V ,qc :%SH S nmc :%-a\@- a f :a?.

Cau 4. Cho hinh chép S.ABCD c6 day ABCD Ia hinh chit nhat véi AB =2a, AD =a. Hinh chiéu
cua S 1&n mit phang (ABCD) la trung diém H cua AB va SCH =45". Khi do:

a) BC L (SAB)



b) d(H,(SBC)):#

¢) Goi K la trung diém CD khi d6: CD L (SHK)
d) d(H,(scD) =2

Loi giai

| a) Pung | b) Diing | ¢) Diing | d) Sai

a) Ké duong cao HE trong tam giac SBH . (1)

. (BC LAB
Ta co: — BC L (SAB)= BC L HE. (2)
BC L SH(do SH L (ABCD))

Tu (1) va (2) suy ra HE L (SBC) hay d(H,(SBC)) =HE.
Tam giac BCH vubng tai B co:

CH =+/BC?+BH?
—Ja?+a? =av2.

Tam giac SCH vudng tai H co:

SH
tanSCH =—— = SH = a+/2.
CH \/—

Tam giac SBH vuéng tai H c6 duong cao HE nén

1 _1 1

HEZ  SH? BH’

HE -_oH-BH
JSH? +BH?
aﬁ-a a\@

J2a?+a? 3



Vay d(H,(SBC)) = HE =¥.

b) Goi K 14 trung diém CD thi HK la dwdng trung binh cuaa hinh chit nhat ABCD nén
HK//BC//AD = HK LCD.

~ (CD LHK
Ta co: = CD L (SHK).
CD L SH

Ké duong cao HI cua tam giac SHK .

~ [HI LSK
Ta co: = HI L (SCD).
HI L CD( do CD L (SHK), HI < (SHK))

Tam giac SHK vudng tai H c6 duong cao HI nén

1 _ 1 1 . SHHK | av2-a a6
HI?  SH?  HK® JSHZ+HK? J2a?+a? 3

Vay d(H,(SCD)) = HI :%.

Cau5. Cho hinh hop chit nhat ABCD-AB'C'D ¢6 AB=a, AD =b, AA =c. Khi do:

a) AB L (ADD'A)
, . \ 2:2 £ \ 2 Cos \b? +c?
b) Khoang cach tir diém A dén duong thang BD bang: ————
Ja?+b? +¢?

¢) Goi 1, J theo thtr ty la tim cua céc hinh chix nhat ADD A, BCC'B'. Khi d6 1J 1a duong vudng goc
chung cua hai duong thang AD' va BC.

d) Khoang cach hai duong thang AD" va B'C bing 2a

Loi giai
| a) Pung | b) Sai | ¢) Piing | d) Sai
D’ c!
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Ké duong cao AH trong tam giac ABD', suy ra d (A,BD')= AH .



Vi ABCD-ABC' la hinh hop chit nhat nén AB L (ADD'A'),

suy ra AB L AD" hay tam giac ABD’ vudng tai A.

Tam giac ADD’ vuédng tai D ¢6: AD =+ AD?+DD? =~/b? +¢? .

Tam giac ABD' vudng tai A co duong cao AH nén

1 _ 1 1 ,,_ ABAD _ ayb® +c?
AH? AB* AD* JAB?+ AD?  a?+b® +c?
/ 2 2
Vay d(A,BD’):ab—jLC.
JaZ+b®+¢?
e AB//CD
Vi ABCD-ABC D lahinh hop chir nhat nén e
AB=CD

= ABC'D’ 14 hinh binh hanh.

D& thay I,J lan luot 1a trung diém cua AD' va BC' suy ra 1J 1a duwong trung binh cua hinh binh hanh
ABC'D = 1J//AB, ma AB L AD nén 1J L AD'. (1)

Taco: AB L(BCC'B')= AB LBC=1J LBC.(2)
Mt khac 1J cét ca hai duong thang AD',B'C. (3)

T (1), (2), (3) suy ra 1J 1a duong vudng goc chung cia hai duong thang AD' va B'C. Taco
IJ=AB=a.

Cau 6. Cho hinh chop déu S.ABC c6 canh day bang a, goi O la tam cua day va SO = —af . Khi do:
a) AO = a3
2
b) d(O, SA) _aV6
6
c) Ké duong cao Al cuatam giac ABC, khi do: Ol :%
d) d(O,(SBC)) = ‘/_
Loi giai

| a) Sai | b) Diing | ¢) Diing | d) Sai




K¢ duong cao Al cuatam gidc ABC, taco O thuoc Al .
Trong miat phang (SAI), dung OH L SA tai H = d(O,SA)=OH .

Tam giac ABC déu canh a nén AO_EAI 2 a\/_ a3 ——=3S0.
3 3 2 3
a3
. N . SA 3 2 a/6
Tam gidc SAO vubng can tai O nén OH =7= 5 = et

[

Vay d(0,5A)=0OH =2

Ta xét khoang cach tir O dén mat bén (SBC).

Ké duong cao OK cua tam giac SOI . (1)

— BC L (SAl)= BC L OK .(2)

_ |BC LSO(doSO L (ABC))
Ta co:
BC 1 Al

Tur (1) va (2) suy ra OK L (SBC) hay OK =d(O,(SBC)).

a3
Taco: Ol :ﬂ:L:a_\@.
3 3 6

Tam giac SOl vuéng tai O ¢6 duong cao OK nén

aV3 a3
1 1,1 g SO0 _ 3 ¢ _a15
OK?  sO* OI? VSO’+0I°  [3a® 3’ 15
9 36

\/_

Viy d(O,(SBC)) = OK =2

Cau 7. Cho ling try dung ABC-AB'C ¢ AC =a,BC =2a, ACB=120". Goi M 1a trung diém cua
BB . Khi do:



a) d(CC',(ABB’A’)

av21
)==

adz

b) d(cc’,AM) o

c) AA L (ABC),AA L(ABC')
d) Biét khoang cach giita hai mat dy lang tru bing 2a. Khi dé thé tich khéi lang tru 1 a®+/3.

Léi giai

a) Ping | b) Sai | ¢) Ping | d) Pung

Tacé: CC'//BB =CC'//(ABB'A') nén d(CC',(ABB'A))=d(C,(ABB'A)).
Trong mat phang (ABC), ké CH L AB tai H. (1)

Vi ABC-ABC' 14 hinh ling try dting nén AA L (ABC)=CH L AA". (2)

Tir (1) va (2) suy ra CH J_(ABB’A'):>d(C,(ABB'A’)):CH .

Xét tam giac ABC, c6 AB® =CA*+CB*—2CA-CB-c0s120" =7a*> = AB = a7 .

A H B
a e
120> 2a R
~
2a C M
Al e ' B’

Cl

Dién tich tam gidc ABC Ia: S, 5 :%CA-CB-sinC =%AB-CH

V3
CA-CB-sin120" 228 421
=CH = = = .
AB a7 7
Viy d(CC',(ABB'A'))=CH = a\/7ﬁ_

| ” CC'//(ABB'A)
Tacd AM va CC la hai duong thang chéo nhau ma o
AM c(ABB'A')



nén d(CC',AM )=d(CC',(ABB'A'))= a\éﬁ .

Vi ABC-AB'C’ la hinh lang tru ding nén AA' L (ABC),AA" L (ABC').
Do vay d ((ABC),(A’B’C)) = AA =2a.

Khéi lang tru ABC-AB'C’ ¢6 chiéu cao h= AA =2a, dién tich day la:

2
S=5§ =1c:A-c:B-sin120°=1a-2a~£=a V3
ABC 2 2 2 2

2a=a%/3.

Thé tich khéi lang tru la; V = Sh=

a?\/3
2

Cau 8. Cho hinhchép S.ABCD c6 SA L (ABCD),SA=a+/3, ABCD Ila hinh vudng canh bang a. Khi
do:

B3

2) d(A,(SBC)) =""a

b) AD//(SBC)

)

¢) d(D,(SBC))=Y"a

d) Goi M 1a trung diém SA. Khi do: d(M,(SBC)):?a

Léi giai

| a) Sai | b) Piing | ¢) Piing | d) Piing

Ké AH L SB tai H

. [BC LSA
Ta co: = BC L (SAB) = BC L AH
BC L AB

Talai c6: AH L SB= AH L (SBC) = d (A, (SBC)) = AH



Taco: AH = ! = ! =£a
\/ 1 1 1 1 2
+ +—
SA?  AB? \[(43a)? @’
Vay d(A, (SBC)) =§a.
Taco: AD//(SBC)= d(D,(SBC)) = ?a.

Taco: MA cét (SBC) tai S

_, dML(SBCY) _MS _1_ 4\ spey) =%d(A, (SBC)) =

d(A (SBC)) AS 2 a

o

e
e

N |-

Cau 9. Cho hinh chdp S.ABC c6 day la tam gidc ABC vudng tai B c6 AB =1, ACB =30". Biét SA
vubng goc véi mat day va SA=2. Goi H la hinh chiéu cua A trén SB. Khi do:
a) d(A SB)= AH

b) d(B,(SAC)) = g
c) BC= V3
d) Thé tich khéi chép S.ABC bang: g
Léi giai
a) Pung | b) Sai | ¢) Ping d) Sai

Vi AH L SB nén d(A,SB) = AH .

Tam giac SAB vudng tai A, duong cao AH nén 1 > = 12 + 12
AH® SA° AB

SA-AB 2.1 25

= AH = = =
JSAZ+ AB? 22412 5

Trong mit phang (ABC), ké Bl L AC tai I .
Mat khac Bl L SA (do SA L (ABC),BI = (ABC)).

Vivay Bl L (SAC) hay d(B,(SAC))=BI .

o[%

. . . L BI e
Tam giac ABI vuobng tai | co:sin BAC=E:>BI =AB-sin60 =—.

B3

Vay d(B,(SAC)) =BI =~



AB AB

Tam giac ABC vudng tai B c6: tan ACB=— = BC = s =
BC tan 30

1 J3

Di¢n tich day hinh chép 1a: S =S, = > BABC = - Chiéu cao hinh chép h=SA=2.

Thé tich khéi chép S.ABC 1a: V, . =%Sh =%

3, B
2

2= ?3 (don vi thé tich).

Cau 10. Cho hinh lang try tam giac déu ABC-A'B'C’ c6 canh day bang 2a, khoang céch tir diém A

dén mt phang (AB'C') bang ¥ . Khi do:

a) Trong mat phang (AB'C'), k¢ AH L BC'tai H.Khidé: B'C' L(AA'H)
b) d((ABC),(A’B’C)):a.

c) Dién tich déy cua lang tru 12: a?/5

d) Thé tich khéi lang tru 1a: a°+/3

Loi giai

a) Diing | b) Piing | c) Sai d) Piing

Trong mit phang (AB'C'), k¢ AH LBC tai H.

Trong mt phang (AAH ) ,ké AK L AH tai K. (1)



B'C'LA'H
Ta co: ¢ =B'C'L(AA'H)=A'K LB'C'(2)
B'C'1 AA'(doAA' L(A'B'C"))

Tir (1) va (2) suy ra AK L(ABC') hay d(A’,(AB’C)):A’K =a_f.

2a-J§:a

2

3.

Tam giac AB'C’ déu co dudng cao AH =

Tam giac AAH vudng tai A" c6 duong cao AK nén

1 1 1 1 1 1 ,
—s =t >S5 =5 +t——=>AA=a
AK® AH® AA 3a° 3a° AA
4

Hai mat day lang tru song song véi nhau va cé khoang cach la: d ((ABC),(A’B'C')) = AA =a.

_ (Za)z\/§ _a’3
4

Dién tich dy cta lang tru (d4y l1a tam gidc déu) la: S

Thé tich khéi lang tru 1: V = AA-S . =a-a2y/3 =a°\/3 (don vi thé tich).

AABC



