CAU HOI

2_
Caul. Tim gidi han sau: Iimw

' 3ny/n +2n
Traloi: ..o,
4 3
Cau2. Tim gi6i han sau: lim 32n jl
2n°+n
Traloi: ...
R . o ) 43n_5n
Céu3. Timgidi hansau: lim————
2°" +3-57"
Traloi: ..o,
2
Cau 4. Tim gidi han sau: limn o :
4n* —n?

Traloi: oo,

Cau 5. Tim gi6i han sau: Iim(\/n2 —n ++/2n? —n+3);

Traloi: oo,
Cau 6. Tim gi6i han sau: Iim(\/n2 +2n-2 —n);
Traloi: oo,

Cau 7. Tim gidi han sau: Iim(\/sn2 +n+2—+/3n? +n+1);
Traloi: oo
Cau 8. Tim gidi han sau: Iim(n+n2 —/n*+3n +1).

Traloi: oo

1+2+...+n

Cau9. Tim gigi han sau: lim—;
n“+3n

Traloi: oo

1+2+42%+...+2"

Cau 10. Tim gigi han sau: lim >
1+3+3°+...+3"

Tralom: ...

n-1+3+5+...+(2n-1)

Cau 11. Tim gidi han sau: lim :
2n“ +n+1

Tralom: ...

Céau 12. Tim gidi han sau: lim i-ﬁ-i-f-...-f- ! :
1.2 2.3 n(n+1)

Tralom: ..o



A N Y S G P U T 1 1 1
Cau 13. Tim tong cua cap so nhan lui vo han sau: S :1_§+Z_§+

Traloi: ...

A < LR o A A LA 1N A 1 1 1
Cau 14. Tim tong cua cap so nhan i vo han sau: T:1+§+3—2+...+3—n+...
Traloi: ...

Cau 15. Cho hinh vudng ABCD c6 d6 dai bang 1 . Néi cac trung diém cua bon canh hinh vuéng
ABCD, ta duoc hinh vuéng tht hai. Tiép tuc ni cac trung diém cua bdn canh hinh vudng thi hai,
ta duoc hinh vuéng thtr ba. Tiép tuc nhu thé ta nhan dwgc mot ddy cac hinh vudng. Tim tong chu

Vi cua day cac hinh vuong do.

A B

Traloi: ...
3_
Céu 16. Tim gidi han sau: "m2r1—2r13+3
1-4n
Traloi: ...
3
Céu 17. Tim giéi han sau: Iimzn—+1
n“-2n+3

Traloi: ..o

\3n? -4

Cau 18. Tim gidi han sau: lim
3n+2

Tralom: ..o

3P en24n+2
lim )

\Jan? —4n+5

Cau 19. Tim gidi han sau:

Traloi: ...
R . . L 3n+l _4n
Céu 20. Tim gidi han sau: lim———
4" +3

Traloi: ..o
n n+1
Cau21. Tim gi6i han sau: Iim?’;—:n

Tralom: ...



Cau 22. Tim gidi han sau: lim
Traloi: ...
Cau 23. Tim gidi han sau: lim3

Traloi: ..o
Cau 24. Tim gi6i han sau: Iim(3n—5+2n3);

Traloi: oo,

Cau 25. Tim gi6i han sau: Iim(\/n2 _n—+/2n? +3);

Tralom: ..o

Cau 26. Tim gi6i han sau: Iim(\/n2 +n—+n? +2)
Traloi: ..o

Cau 27. Tim gidi han sau: Iim(%/n3 -2n? —n)

Traloi: ...
2 2 2 2
Cau 28. Tim gidi han sau: lim Lr2+3+..4n
2n(n+7)(6n+5)
Traloi: ...
Cau 29. Tim gidi han sau: lim i+i+i+...+;
1.3 35 57 (2n-1)(2n+1)
Traloi: ...

Cau 30. Tim gidi han sau:

: 1 1 1
Ilm{2ﬁ+1\/§+3\/§+2\/§+.”+(n+1)\/ﬁ+n n+1}

Traloi: ...
_1\n+l

, S:E—£+i—...+( 12 +...
Cau3l. Timtongsau: 3 9 27 3
Traloi: ...

T—1+i+£+L +[ijn+

Cau 32. Tim tong sau: V2.2 22 V2
Traloi: ...

Cau 33. Viét dang phan s6 cua sé thap phan vo han tuan hoan 0,271414...
Traloi: ...

Cau 34. Viét dang phan s6 cua sé thap phan vo han tuan hoan 0,511111...



Traloi: ..o

. U =-2
Cau 35. Cho day so (u,) véi { *
u,=3u,,-1,vnx>2

n

tinh lim =
3

Traloi: ...

Cau 36. Cho tam gidc déu AB,C, c6 canh a. Ngudi ta dung tam giac déu A,B,C, c6 canh bang
dudng cao cua tam giac ABC,, dung tam giac déu AB,C, c6 canh bang dudng cao cia tam giac
AB,C, va ctr tiép tuc nhu vay s& nhan dugc mot day cac tam giac. Tinh tong dién tich S cua tat
ca cac tam giac déu ABC,, AB,C,, ABC,,...

Traloi: ...

Céau 37. Tinh gidi han sau: Iim(M+3—n)
Traloi: ...

Céu 38. Tinh gidi han sau: Iim(1+3n—\/m>
Traloi: ...

Cau 39. Tinh gi6i han sau: Iim(m—n)
Traloi: ...

Céau 40. Tinh giéi han sau: Iim(m—Zn—B)

Traloi: oo

Cau 41. Tinh tong sau: S=1—%+%—%+...+(_—1j +..

Tralow: ..o

\an* +4n° +6

Cau 42. Tinh gi6i han sau: lim >
4n“+n-1

Traloi: oo

\Non* +6n? +1

Cau 43. Tinh giéi han sau: lim—
-n“+2n-1

Tralom: ...

\3n?+1+n

Cau 44. Tinh gi6i han sau: lim—;
n“-2n-1

Tralom: ...

Cau 45. Tinh gidi han sau: Iim(\/n2 +n—n’ —1)

Tralom: ..o



-3n*+4n+1

Cau 46. Tinh giéi han sau: lim—; :
2n"=3n+7

Traloi: ..o

\JI9n?—n-3n+1

Cau 47. Tinh gigi han sau: lim

n’+2
Traloi: ..o
Cau 48. Tinh gidi han sau: lim2 >3
3"+1
Traloi: ..o

Cau 49. Tinh gidi han cua day so sau: u, =+/4n?+1-2n

Tralom: ..o

Cau50. Tinh gi¢i han cua day s sau: u, =/n’+4 —+/n? +2
Traloi: ..o

Cau 51. Tinh gidi han sau: Iim(%/n3 —3n? —n)

Tralom: ..o

Cau 52. Tinh gidi han sau: Iim(i/n3 +3—+/n? +2)

Tralom: ..o

Cau 53. Viét cac sb thap phan v han tuan hoan sau dang phan sé:
a) 0,7777777777777...

b) 0,27777777777...

Traloi: ...
R . . 1 1 1
Cau54. Tinhgidi hansau: Iim| —+—+...+ ——
1.3 35 (2n-1)(2n+1)
Traloi: ...

Cau 55. Tinh gidi han sau: lim i+i+...+ 1 :
13 24 n(n+2)

Tralom: ...

2 2
: Iimx/n +n+3\/n +1.
n+1

Cau 56. Tinh gigi han sau

Tralom: ...

J8n®+n+2n+1

Cau 57. Tinh gigi han sau: lim
3n+1



Traloi: ..o

nvn®+1+2n*+3

Céau 58. Tinh gigi han sau: lim >
3n“+n+1

Traloi: oo,

Jn?+2n-n

n

Céau 59. Tinh gidi han sau: u, =

n

Traloi: oo,

_Jn?+2n—n?+n
n— n '

Céau 60. Tinh giéi han sau: u

Traloi: ..o

2% 14.6"1 42
3" +6"+1

Céau 61. Tinh gidi han sau: lim
Traloi: ...
Céau 62. Tinh gidi han sau: Iim(n +1-+/n? +n).

Traloi: oo,

Jn2+n-=n
J4n? +3n—2n

Cau 63. Tinh gigi han sau: lim

Traloi: oo,

Cau 64. Tinh gigi han sau: Iim(\/4n2 +n—32n? —8n3)

Traloi: ..o

J2n?=n® +n
Jn2+n-=n

Cau 65. Tinh gigi han sau: lim

Traloi: oo

Cau 66. Viét cac s6 thap phan v han tuan hoan sau dudi dang phan sé.
a) 0,3211111...

b) 0,313131...
c) 3,1525252....

Tralom: ...

LOI GIALI

2n? —3Jn +1

Caul. Tim gidi han sau:lim
9 ' 3nvn +2n



Tra loi: +o

Lot giai
Ta co:
3 1 3 1
nvn| 2vn——+—— on-"4_~—_
. 2n?=3Jn+1 |, \/_(\/_ n n\/ﬁj : vn n+n\/ﬁ
lim 3\/_ 5 =lim 5 =lim 5 =40
nyn+2n
nvn| 3+~ 3+
) i
IIm(Z\/ﬁ—§+ij—+oo
N n+/n
do "
lim| 3+—|=3
%)
4 5.3
Céu 2. Tim gidi han sau: Iimd% :
2n°+n
Traloi: +o
Lot giai
1
, .. [n*=2n*+1 Jn \/;
Ta co: lim{l—————= _lim__= lim_=+o
2n°+n n3(n_2+i3] narl
| 2] { 2!
Iim(n—2+—3j:+oo
do 1
Iim(2+—j=2
n
R . Y e 4
Céu3. Timgidi hansau: lim————
2" +3.5°"
Tra loi: +o
Loi giai
64" 1—(5j
R S . B4"-5" 64
lim =lim =lim

22" 357" 4" +3.25" " "
oar|[ 2] 432
64 64

&) (G
(& (e (&




9n?

4n*

Cau 4. Timgidi hansau: limn 5 -
—N

Tra loi: §
2

Léi giai

Taco: limn 9
4

Cau 5. Tim gi6i han sau: Iim(\/n"— —n++/2n? —n+3);

Tra loi: +o
Loi giai
Iim(\/nz—n +\/2n2—n+3)=Iimn(\/1—1+\/2—£+%J=+oo,
n n n
limn = +o0

do Iim[\/l—%+\/2—%+n—i]=ﬁ+ﬁ

Cau 6. Tim gi6i han sau: Iim(\/n2 +2n-2 —n);

Traloi: 1
Léi gii

2 2
Iim(\/n2+2n—2—n):limn +2n-2-n =lim 2n-2

2
VN*+2n-2+n 0 /1+g_£2+n
n n

n(2 2) 2_3 5
n = lim n____ =1.

[ 2 2 . 141
n( 1+2—22+1) \/1+—2+1 i+
n n n n

Cau 7. Tim gi6i han sau: Iim(\/sn2 +n+2—+/3n? +n+1);

=[im

Traloi: 0
Lot giai



3n? +n+2—(3n2 +n+1)

J3n2 +n+2++/3n +n+1

Iim(\/3n2 +n+2—+/3n%+ n+1) =lim

=lim 1 :O(dolim(\/?mz+n+2+x/3n2+n+1)=+oo)

J3n2 +n+2++/3n +n+1

Cau 8. Tim gi6i han sau: Iim(n+n2 —/n*+3n +1).

Tra loi: +o
Léi gidi

2 3 4 4
n+2n+n" —(n" +3n+1
1im(n+n2—\/n4+3n+l):lim ( )
n+n®+vn* +3n+1

3 1
[2n+1—n—an 2n+1—§—i2
=1lim =1lim A
2L +n2\/1+3+14 1+1+\/1+33+14
n I’l3 n n n n
lim(2n+l—g—%j:+oo
n n
do
lim[l+l+‘/1+%+i4J:1+1=2
n n n
A N . 14+24...4n
Cau9. Timgidi hansau: lim————
n-+3n
Trfnl(‘)’i:l
2
Loi giai

Nhgn xét: 1+2+...+n latong cua n s6 hang dau ciia mot cap s6 cong co s hang dau u, =1 va
cong sai d =1.

Vi vay 1+2+...+n:(1+2n)n.
1 1
n’| 1+~ 2
oo 142+04n L n(n+l) , (+n] . 1+n 1
Taco: lim—; =lim =lim =lim ==
n+3n 2(n?+3n) 2n2(1+3j 2(“3) 2
n n

1+42+2%+...42"
1+3+3%+...+3"

Cau 10. Tim gidi han sau: lim

Traloi: 0
Loi giai



Nhgn xét: Xét 1+2+2%+...+2" latong cua n+1 sé hang dau cua mot cap s nhan c6 sé hang dau
u, =1, cong bdi bang q=2 nén
ul (1_qn+1) 1(1_2n+1)

1+24+2°+...+2" = = =2"_1
1-q 1-2

1(1-3"* nl _
Hoan toan twong tu, ta c6: 1+3+3° +...+3" = ( ):3 L

1-3 2
2 n n+l
Khi do: lim1T2+2 42,2 =1
1+3+3° +...+3" -1
2
2.2"-1 2@) _ei‘ 0
=lim2 =1lim2 =2-—=0
— 1 3
3=
3

n-y1+3+5+...+(2n-1)
2n +n+1

Cau 11. Tim gidi han sau: lim

1
Traloi: =
2
Loi giai
Nhgn xét: 1+3+5+...+(2n-1) 1aténg cua n sé hang dau tién cua mot cap s6 cong cd sb hang
dau la u, =1 vacong sai la d =2, vi vay, ta co:

(U-+u)n_(@+2n-0n_

1+3+5+...+(2n-1) =

2 2
. o NJ1+3+5+...+(2n-1) .. 2 . 2
Vivay: lim \/+ +2+ +( )=I|m an— =lim 2”

2n“+n+1 2n“+n+1 2n“+n+1
. n? . 1 1
:“m l 1 =|Imﬁzi.
n2(2++2] 2+ =+
n n n n

Cau 12. Tim gidi han sau: lim i+i+...+ L :
1.2 2.3 n(n+1)

Traloi: 1
Loi giai

, . 1 1 1 . 1 1 1 1 1
Taco: lim| —+—+...+ =liml-=4+=-=4+.. +=———
1.2 2.3 n(n+1) 2 2 3 n n+l




- |im(1—iJ= lim-" —lim_*_ 1.

n+1 n+1 141

n
A NI Y S G P U T 1 1 1
Cau 13. Tim tong cua cap so nhan lui vo han sau: S :1_§+Z_§+

Tra loi: g
3
Loi giai
Nhgn xét: Ta can ap dung cong thic tong cap s6 nhan lui v han:

U

S=u+U,+Us+...4U, +...= trong d6 u,,q theo thir ty 1a s6 hang dau va cong boi cia cap sb

nhan do.

Pay 14 tong caa cap s6 nhan 10i vo han ¢ s6 hang dau u, =1, céng boi

qz—l.Viv?y:S:1—£+£—£+...+ L +___:L:E.
2 2 4 8 2 1 1 3
+7
2
A s LR o A A AL TN A 1 1 1
Cau 14. Tim tong cua cap so nhan lui vo han sau: T=1+§+3—2+...+3—n+...
Tra loi: >
2
Loi giai

Nhgn xét: Ta can ap dung cong thic tong cap s6 nhan Iui vo han:

u . , N A A A A AT o e £
S=u +U,+Uy+...+U, +...=——trong d6 u,,q theo thir tu la s6 hang dau va cong boi cua cap so
1
nhan do.
Pay la tong caa cap sé nhan IUi vo han ¢6 s6 hang dau u, =1, cong boi
q= 1
3

Vivay T :1+1+%+...+i+...:i=
3 3 3" 1

3

N | W

Cau 15. Cho hinh vudng ABCD c6 d6 dai bang 1 . Néi cac trung diém cta bon canh hinh vuéng
ABCD, ta duoc hinh vuéng tht hai. Tiép tuc ni cac trung diém cua bdn canh hinh vudng thi hai,
ta duoc hinh vuéng thtr ba. Tiép tuc nhu thé ta nhan dugc mot ddy cac hinh vudng. Tim tong chu

Vi cta day cac hinh vuong do.



Tra loi: 8+44/2

Léi giai

Néu canh hinh vuéng ban dau Ia x thi theo dinh Ii Pythagore, ta ¢4 canh hinh vuéng thi hai 1a

Goi canh hinh vuéng ABCD la u, =1, tir (*) ta c6 canh hinh vudng tha hai la u, :%, canh hinh
vuong thtr ba 1a u, = % canh hinh vudng thu tu 1a u, = %
Xét téng chu vi day céc hinh vuéng la:
S=4u, +4u, +4u,+...=4| 1+ £+ 1+£
2 2 4
X A \/_ 1 \/E N pA 9 A A A N oA z A A M A A
D¢ thay 1+—+ 5 +T+ . la tong caa cap so nhan Iui vé han co6 so hang dau bang 1, cong boi
bang ﬁ
2
Vaytaco: S=4-—4 —4. L g4y,
1-q 1_£
2
3_
Cau 16. Tim gidi han sau: "m2r1—2r13+3
1-4n
Tra loi: L
2
Loi giai
2 3 2 3
n3(2—2+3j 2— — 4+ —
lim w —lim n Cim—n> n®__1

n
1-4n® n3(13_4j %_4 2
n



3
Cau 17. Tim gidi han sau: lim n -+l

n?-2n+3
Tra loi: +oo
Lai giai
1 1
|1+ nl1+ >
n®+1 ( naj ( n3j
lim—; > 3—I|m >3 lim 5 =+
n’—2n+ n2(1—+2j 1-24 2
n n n n
Ilmn(1+i3j:+oo
n
do > 3
Ilm(l——+—2J=1
n n
2_
Cau18. Tim gi6i han sau: lim X0 2
3n+2
Trﬁk‘ri:ﬁ
3
Lai giai
4 4
2 _ n,3—— 3-—
m:lim 2 = lim— _V8
3n+2 n(3+ j 3.2 3
n n
3 3 2
Cau 19. Tim gi6i han sau: lim P3n’ 40’ +n+2
Jan? —4n+5
3
Trﬁlb’i:ﬁ
2
Lai giai
330 +n24+n+2 n§/3+1+12+23 §/3+1+
lim \/27 —lim n.n n _um n
4n° —-4n+5 n\/m
n n n

n+1 n
Cau 20. Tim gidi han sau: IimTA'3
+

Traloi: -4

Léi gii



4" 3(3] -1 3 3 n_l
L 3mogn 3.3 4" 4 . 4 -1
lim—- =lim 1 =lim T 3 =lim 1 T
47 +3 =.4"+3 4" S+ — e
4 4 4" 4 4" 4
n n+1
Céu 21. Tim gigi han sau: lim &
Traloi: O
Loi giai
3 n 4 n
n n+1 n n e e o
. 3"+4 . 3'+4-4" (5) (5) 0
lim =lim =lim =— =0
1-5" 1-5" 1}” -1
= -1
5
2n n
Cau 22. Tim gidi han sau: Iimu
6" +2.5"
Tra loi: +
Loi giai
9" 1+(6j
. 346" " +6" 9
M e Me g
+ . + . n n
*|(5) +2(5)
9 9
2 n
1+(j n n
Sim——3) ol dolim|[ 2] +2[2] |=
(23] v
= _|_2 _
3 9
23n_3n+1
Céu 23. Tim gigi han sau: lim3————.
8" +6"
Tra loi: l
2
Loi giai




Cau 24. Tim gigi han sau: Iim(3n—5+2n3);

Tra loi: +o
Léi gidi

Iim(3n—5+2n3)=Iimn3(%—%+2j:+oo.
n n

Cau 25. Tim gigi han sau: Iim(\/n2 —n—+/2n? +3);

Tra loi: —o
Loi giai

Iim(\/nz “n —\/2n2+3): Iimn(\/ —%—\/2+n—32J:—oo

Cau 26. Tim gigi han sau: Iim(\/n2 +n—+/n? +2)

Tra loi: 1
2
Loi giai
2 N2 _ _
Iim(\/n2+n—\/n2+2):lim n+n-n -2 =lim n-2
Jn? +n++/n” +2 Jn? +n++/n°+2
n(l—zj 2 1
= lim n =lim— n —=>
n( /1+1+ /1+22] \/1++\/1+2
n n n
Cau 27. Tim gidi han sau: Iim(3 n®—2n? —n)
Tra loi: —E
3
Loi giai

Iim(\/ —2n? —n =lim n°—2n-n’

1/ nd— +n3n®-2n? +n?
=lim =lim

1/ n® —2n +n\/n -2n* +n? /1_7 3/1_7”




P+2°+3+...+n°

Cau 28. Tim gidi han sau: Iim\/

2n(n+7)(6n+5)
Tra loi: 1
6
Lo gidi
Taco: 2+22 43+ +n? = 0+HEN+D
. LY 6

(c6 thé chirmg minh ding thic ndy bang phuong phap quy nap).
Khi do:

o 12+22+32+...+n2__lim n(n+1)(2n+1)
2n(n+7)(6n+)5) 12n(n+7)(6n+5)

(”D(”U 1
TRicaR

Cau29. Tim gidi han sau: lim i+i L ...+;
13 35 57 (2n-1)(2n+1)

=lim

Tr?ll(‘ri:l
2
Lot giai
1
lim —+ —+ —+.  +—
{ 1-3 35 5.7 (2n—1)(2n+1)}
1 1 1 1 1 L1 1 1
——+———+...+ - =lim=|1- -
3 3 5 2n-1 2n+1 2 2n+l) 2
Cau 30. Tim gidi han sau: lim 1 + 1 + o+ 1
| ' . 2V1+132 3V2+2¢3 7 (n+DJn+nVn+1
Traloi: 1

Léi gidi

1 1 1
Ilm[2ﬁ+1\/§+3\/§+2\/§+m+(n+1)\/ﬁ+n n+1}
_Zﬁ—1ﬁ+3ﬁ—2\/§+ +(n+1)\ﬂ—n n+1}

2.1 3.2 (n+1)n

=[im

$+%—%+...+%—ﬁ}= Iim[l—ﬁ}:l

T

_1\n+l
Cau 31. Tim tong sau: 8—1—1+i—...+( )
3 9 27 3"

+...



Tra loi: 1
4

Loi giai
Tathdy S 1atdng cua cap s6 nhan IUi vo han véi s hang dau u, % cong boi q=_%_
1
Viviy S =4 =i1=1'§=1'
—q 1+ 34 4

1 1 1Y
Cau32. Timténgsau: T =1+-——+—+——. . . +| — | +
] f 2" 202 (ﬁ]
Tra loi: 2++/2
L& giai

Tathdy T la tong cta cap s6 nhan IUi vo han co sb hang dau u, =1, cong boi

Vivay T=— - = _2, 0.
i 1

V2

Cau 33. Viét dang phan s6 cua sé thap phan vé han tuan hoan 0,271414...

Tra loi: 200!
9900
Léi gii
Taco: 0,271414...=0,27 +0,0014 +0,000014 +. ..

Xet téng 0,0014 +0,000014 +0,00000014 +...

Pay la tong ciia mot cap sb nhan 1Ui vo han ¢6 s6 hang dau 1a u, =0,0014 va cong boi q= %
U _ 27 0,0014 2687
1-q 100 , 1 9900
100

Vivay 0,271414...=0,27 +

Cau 34. Viét dang phan s6 cua sé thap phan vo han tuan hoan 0,511111...
Triloi: 2
45
Loi giai
Taco: 0,51111...=0,5+0,01+0,001+0,0001 +...

Xét téng 0,01+0,001+0,0001+...



A 13 LA Y S A TN A L X PO < A - 1
bay 1a tong cua cap so nhan lui vo han véi s6 hang dau la u, =0,01 va cong boi q = 0

Vivay 0,51111...=0,5+0,01+0,001+0,0001+...

05+ -5, 202
1-q L1 45
10
A ~ X , - ul=_2 , . u
Cau 35. Cho day so (u,) Vvoi , tinh lim =,
u,=3u,,-1vn=2 3
Tra I(‘J’i:—E
6
Loi giai

Xét so a thod man u, —a=3(u,,-a),vn=2<u, =3u,,-2a,vn>2,

Suyra —2a=—1:>a=%.

U, =-2
Va
y un—l: (un_l—lj,Vn>2
2
Datvnzun—lzvn_lzun_l—l,VnZZ vavlzul—E:—Z—E:—E.
2 2 2 2 2
v =—2
Khi d6 day (v,) thoaman {* 2 .
vV, =3v,,,Vn=2

Tathiy (v,) 1a cap sb nhan véi v, =—g, cong boi q=3, suy ra v, :—2-3“‘1,Vn >1

Do do6 u, =vn+£:—§-3”’1+1,Vn21.
2”2 2
5 ., 1
_f.3 +=
Vay lim% jim—2 2 g2, L )3,
3" 3 6 2.3) 6

Cau 36. Cho tam giac déu ABC, c6 canh a. Ngudi ta dung tam giac déu A,B,C, ¢6 canh bang
dudng cao cua tam giac AB,C,, dung tam giac déu AB,C, c6 canh bang dudng cao cia tam giac
AB,C, Va cur tiép tuc nhu vay s& nhan dugc mot day cac tam giac. Tinh tong dién tich S cua tat
ca cac tam giac déu ABC,, AB,C,, ABC,,...
Tra loi: a%/3

Léi gii



Dién tich AAB,C, c6canh a la S, :azé.

2
Dién tich AA,B,C, c6 canh —= \f las, = av3) ¥3_3[ N3 :§Sl.
2 4 4 4 4
2
Di¢n tich AA,B,C, c0 Canh 41 S, _(%aj ~73=%Sz.

Theo quy luat do, tathdy S=S +S,+S,+...+S, +... latong caa mot cap s6 nhan IUi v han véi

N

s6 hang dau S, =a’ " va cong boi q= %.

azﬁ
Do d6: S=S,+S,+S,+...+S, +...= W4 3,
1-q 1_§
4
Cau 37. Tinh gidi han sau: Iim(\/n2—4n+5+3—n)
Traloi: 1
Loi giai
Iim(x/n2—4n+5+3—n)
(\/nz—4n+5—n)-(\/n2—4n+5+n)
=lim +3

Jn2—4n+5+n

2 Y _ —4+—
:Iim(n An+5-n +3J:Iim( An+5 +3]:Iim N 3|1
1

Jn*—4n+5+n Vn*—4n+5+n 4.5 4
n n’
Cau 38. Tinh gigi han sau: Iim(1+3n—\/9n2—n+7)
Tra loi: Z
6
Loi giai
Iim(l+3n—\/9n2—n+7)
1 7
—Iim(1+ 9”2‘9”2+”‘7j—|im[1+ n-7 j—lim 1+ n _!
3n+4/9n° —n+7 3n+4/9n°—n+7

Cau 39. Tinh gigi han sau: Iim(\/n2 +6n—1—n)



Traloi: 3
Léi giai

Iim(\/n2 +6n-1- n)

) [ n’+6n-1-n’
=lim

. 6n-1
=lim
x/n2+6n—1+nj Jn®+6n-1+n

Céau 40. Tinh gidi han sau: Iim(\/4n2 +6n—1—2n—3)

Tra loi: 3
2

Léi giai

Iim(\/4n2 +6n—1—2n—3)

4n% +6n—1-4n? _3j

= Iim( 4n? +6n—1—2n—3): Iim(
\Jan? +6n-1+2n

o1
=Iim( on-1 —3]=Iim n _g|__3
Jan* +6n-1+2n

/ 2
4+§—i2+2
n n

Cau 41. Tinhténgsau:8:1—1+1—1+...+ .
2 4 8 2

Tra loi: g
3
Léi gii

Tong da cho 1a tong cua cap s6 nhan 10i vo han 6 s6 hang dau u, =1 va cong boi

1 . 1 1 1 1Y 1 2
gq=——nénS=1-—+———+.. 4| — | +...=—F—<=—
2 2 4 8 ~ 3

\VA4n* +4n® +6

4n%? +n-1

Cau 42. Tinh gidi han sau: lim

Tra loi: l
2

Léi gidi

lim

) 4 6
/—4n4+4n2+6:"mn 4+n2+n i 4+F+F_l
2

Zin-— 1 1
4n“+n-1 n2.(4+1_1j 4_}_*_72



4 2
Céau 43. Tinh gidi han sau: Iim@

—n*+2n-1
Traloi: -3
Loi giai
6 — 9+£+i
- Yon‘ +6n° +1 02 n” n'_ o
—n*+2n-1 ( 1+2_j _1+g_i2
n n n n
/ 2
Cau 44. Tinh gigi han sau: Iimw
n“-2n-1
Traloi: O
Loi giai
lim 3n 1+n . \/ \/
n’-2n-1 n? —2n 1 n 1_7_7
n n
Cau 45. Tinh gi6i han sau: Iim(\/n2+n—\/n2 —1)
Tra loi: 1
2
Loi giai
1
_nf+n—(n*-1) n+1 _ 1+— 1
=lim =lim =lim n =5
Jn?+n+4n? -1 n\/1+1+n\/—1 [
n n n n
_2R2
Cau 46. Tinh gigi han sau: Iimw.
n°—-3n+7
Tra loi: —>
2
Loi giai
3+4+ !
—3n? - 2 S x
Iimwz im—n n__3 (bac cua tir bang bac cua mau).
2n° —-3n+7 3.7 2
n

Cau 47. Tinh gi6i han sau: Iimm 23”+1
n’ +

Traloi: 0

Léi giai



9 1 3+1
2_p_ S-St )
lim Yo" 2” 31+l _jim¥n° n® n n =0 (bac cua tir nho hon bac ciia mau).
n“+2 1 2
t
n
Cau 48. Tinh gi6i han sau: lim2—>">
3"+1

Traloi: -5
Léi giai

2)”
n n ( -3
253 . \3) °_ |

3N+1 1+iﬂ
3

lim

Cau 49. Tinh gidi han cua day sb sau: u, =v4n®+1-2n

Traloi: 0
Loi giai

Tathdy limu, :Iim( 4n2+1—2n):|im(1/4(+oo)2+1—2(+oo)):oo—oo.
Suy ra, khdng xac dinh.

Ta nhan tr va mau cho v/4n?+1+2n, khi d6

n>+4)—(n*+2
limu, :Iim(x/n2+4—«/n2+2):lim( ) )zlim 2
InZ+4++n+2 In?+4+n% +2
= lim 2 = 20 =0
\/1+:2+\/1+r122 V1+4.0++/1+2.0
Vay limu, =0.

Cau50. Tinh giéi han cua day s6 sau: u, =n®+4 —yn?+2

Traloi: 0
Lot giai

Tathay limu_ c6 dang v6 dinh co—oo, ta nhan tir va mau cho Jn?+4++n?+2,

(n2+4)—(n2+2)_ _ 2

lim

Khi do: Iimun:Iim(\/n2+4—\/n2+2):lim =
2 +4+4n?+2 Jn?+4+4n%+2

2 2.0

\/1+:2+\/1+r122 J1+4.0+/1+2.0

=lim

=0. Vay limu, =0.

Cau 51. Tinh gigi han sau: Iim(i’/n3 —3n? —n)



Traloi: =3
Léi giai

3 2 3
. . n°-3n°—n .
Ilm(x3/n3—3n2 —n):llm =—lim

3
1~'5/(n3—3n2)2+n2—n-\‘°‘/n3—3n2 3/(1 jz 143

\ w

n n

2
Khi n — o thi: Iim1—0:>Iim31—§—1:>Iim[3(1—§j +1-31-=
n \/ n \/ n n

Do do, Ilm(i’/ n® —3n? —n) -3.

=1

w
N—

Cau52. Tinh gi6i han sau: Iim(%/n3 +3—+/n? +2)

Traloi: 0
Loi giai
Iim(§/n3+3—x/n2+2) :Iim(\3/n3+3—n)+|im(n—\/n2+2)
~lim n+3-n +lim =1 =2
N 2 /
(n*+3)*+n?+n-Yn°+3 n+n"+2
. 3 . 2
=lim —lim

2

(n3+3)5+n2+n-m n+yn’+2

2

Khi n— oo thi: Iim((n3+3)3+ In +3J:oo I|m n++/n +2)

3 2

Suy ra lim 5 —lim

(n3+3)5+n2+n- n®+3

n+ n+2

Do do, Iim(‘\°’/n3+3—\/n2 +2):O.

Cau 53. Viét cac sb thap phan vo han tuan hoan sau dang phan sé:
a) 0, 7777777777777 ...

b) 0,27777777777...

Traloi: a) ! va b) S
9 18

Léi gidi

1 1 1 1
a) —+—+—+... la téng cua cap s6 nhan IUi vo han cong boi — nén
10 10° 10 10



1 1 1 10 1

— ot ==

10 10 10 1o
10

Suy ra 0, /////////////...=7.0,11111111111...=7(i+i2+i3+...j:Z
10 10° 10 9

1 1

1 .2 7 . A n .1 .
b) — +—+—+... latdong cua cap so nhan lui vd han cdng boi — nén
)102 10°  10* g P ) g be 10
1
L+t _200 1
10° 10° 10° ;-1 90
10

Suy ra 0,27777777777...=0,2+0,07777777 = % +7- el = 2S_5

90 90 18"
A . . 1 1 1
Cau54. Tinhgidi hansau: lim| —+—+...+ ————
1.3 35 (2n-1)(2n+1)
Traloi: 1
Loi giai
Xeét A=i+i+...+;.
1.3 35 (2n-1)(2n+1)
Ta co: 2A:£+£+...+;
1.3 35 (2n-1(2n+1)
1 1 1 1 1 2n
=l-—+——=+...+ - =1- =
3 3 5 2n-1 2n+1 2n+1 2n+1
Suyra limA=Ilim 2n =Iimizl
2n+1 5 1
"n

Cau 55. Tinh giagi han sau: lim i+i+...+ 1 :
13 24 n(n+2)
Tra loi: 3
2
Loi giai
1 1 1

XétB=—+—+...+ .
13 24 n(n+2)

TacéZB=£+i+...+ 2
13 24 n(n+2)

1 1 1 1 1 3 1

1 1 1 1 1
=]l- 4+ -4 4 4+ =l - = -
3 2 4 3 5 n n+2 2 n+2 2 n+2



1

Suyra limB=lim 3.1 i3 |23
2 n+2 2 1 2 2
+7
n
2 2
Cau 56. Tinh gici han sau: fim Y"1+ +L
n+1
Traloi: 4
Loi giai
Jn?+n+3Jn?+1 1+1+3 1+i
 Jnfen+3dni+l n ) n 2 J1+3V1
lim =lim 1 =lim 1 = =
n+1 1+ 1+ 1
n n
A . . X8n+n+2n+1
Céu 57. Tinh gidi han sau: lim :
3n+1
Tra loi: ﬂ
3
Loi giai
38+i+2+1
8 +n+2n+1 . n2 n ¥8+2 4
lim =lim 1 = =—
3n+1 34T 3 3
n
[ 2 2
Cau 58. Tinh giagi han sau: lim V1 4;1+2n 3
3n“+n+1
Traloi: 1
Loi giai
nvn® +1+2n° +3 / 1 3
. nJn*+1+2n°+3 . n2 . 1+F+2+F J1+2
lim 5 =lim 5 =lim = =1
3n°+n+1 3n°+n+1 3.1 1 3
—_— +=+
n? n n
2 —
Cau 59. Tinh gidi han sau: u, =—m+r]2nn_
Traloi: limu, =0
Loi giai
[2 _ 2
limu, =Iimw=lim[ N+ 2n —1]=Iim[ /1+3—1]=\/1+2.o ~1=0.
n n n

Vay limu, =0.



Jn2+2n—+/n?+n

Cau 60. Tinh gidi han sau: u, =
n

Tra loi: limu, =0
Lot giai

2 _Jn? n*+2n)—(n*+n
Jn2+2n-+/n N _im + ) ( +) _lim n

(
n n(\/n2+2n+\/n2+n) n(\/n2+2n+\/n2+n)
1

limu, =lim

1 0

=lim =lim n = =0.Vay limu_=0.
2 2 : n
N2 +2n +4/n% +n \/1+§+J +i V1+2.0++1+0

2"? 14.6"1 42

Cau 61. Tinh giéi han sau: lim————
3" +6" +1
Traloi: 4

Loi giai

4(1jn+2+2-(1jn 4:0+242.0
22146742 . \3) "3 ") "3t

n+1 n-1 n n
316" 41 a1V, 1, (1 3.04140
2) 6 |6 6

Cau 62. Tinh gidi han sau: Iim(n +1-+/n? +n).
Tra loi: =
2
Loi giai

2_ 2_
Iim(n+1— n2+n):lim(n+1) "0 im n+1

=lim
n+1++/n?+n n+1+.n(n+1) 1+£+ 1+£

n n

Do do, Iim(n+1— n2+n):%.

Jn?+n-n

J4n? +3n—2n

Cau 63. Tinh gigi han sau: lim

Tra loi: 2
3

Léi gii

lim =lim ==

V4n? +3n-2n 4n°+3n-4n°  Jn24n+n 3 /1+}+1 B
n

3
Jn?+n-n . n’+n-n®> +4n’+3n+2n 1"m\/4+n+2_g
3



2
Do d6, lim—Y1*tn=n _2
4n®+3n-2n 3

Cau 64. Tinh gi6i han sau: Iim(\/4n2 +n—32n? —8n3)

Tra loi: +o
Loi giai
Iim(x/4n2 +n—4%2n?-8n° ) = Iim(\/4n2 +n +2n)—|im(\3/2n2 —-8n® +2n)
. 4n’*+n-4n* . 2n® —8n° +8n°
=lim—————-+Ilim

2 2
4n“+n-2n (2n2 —8n3)3 +4n? -2n32n? —8n°

2n?
,3/(2n2 —8n3)2 can?—on-sen? L 1
4n
1

=lim +1lim

n
Jan?+n=2n

lim /4+1—2J=2—2:0
n
Khin—sothi: im=0=1 ) ,
n . 1Y 1%
lim 2(--) +2—2(——1j — 21242=2
4n 4n
1 1
= + = 400

. 1 3 3
inf o432 w2 1) oo L o]
4an 4n

Do do, Iim(\/4n2 +n—32n? —gn? ) = 40,

Y2n?—n® +n

Jn2+n-n

Cau 65. Tinh gigi han sau: lim

Traloi: 1

Loi giai
J2n*—n® +n

lim I.man—n3'+n3 AnZ+n+n
! Jn?2+n-n - n2+n-n’ 23V L n2  n3fon2 3
3(2n —n) +n?—nd2n?-n




/ 1 1
= lim 0 .
2 Y 2 2 Vs 2
SnB-(—j +n2—n~3n3(—1j (—1) +1-3=-1
n n n n

lim (3—1j3+1—33—1 —1+1+1=1
n n

=lim

Khi n — oo thi: Iim1=0:>

n
lim 1+l +1j:1
\/ n

1+£+1
= lim " P £ S WY
5 Vs 2 Vn?+n-n
(n—1j +1-3c-1

CAu 66. Viét cac sb thap phan vo han tuan hoan sau dudi dang phan sé.
a) 0,3211111. ..

b) 0,313131...

c) 3,1525252....

Tra loi: a) 289 b) 3 c) slal
900 99 990
Loi gidi
1 1 1 \ $A 2 A oA A 1N A A A 1 4
a) Tacd —+—+—=+... latong cua cap so6 nhan lui vo han cong boi — nén
10 10" 10 10
1
i3+i4+i5+...:£:i suyra 0,321111...= 32 + 1 _ 289
10° 10" 10 1- 1 900 100 900 900
10

b) Ta cé iz+i4+i6+... la tong cuia cap s6 nhan 10i vd han cong boi iz nén
10© 10" 10 10

1
1101 1
10° 10" 10° 11 99

10°
Suyra0,313131...:31(%+i4+i6+...)=31-i:ﬂ.

10 10* 10 99 99

1 1 1 L LR e A K LA IN: A A PUTE A
c) Tacd — +——+—+... latong cua cap so nhan lui vo han cong boi — nén
10° 10° 10 10



1

SRR S S T\ S SOOI
10° 10° 100 4, 1 990
10°
3,1525252...=§+52(i3+i5+i7+...J:3—1+2:£21
10 10° 10° 10 10 990 990



