MUC LUC

P BAI @. HE THU’C LWONG TRONG TAM GIAC............coovoiiiiieeeeeeeeeeeseeevesee s 2
@. TOM LA KIEN LRTEC .........ooovivieiic bbb 2
®. Phan dang todn CO DAN.................c.cocoiviiiiiiccce e 3

+Dang €): Ung dung dinh Iy cosin trong tam gidc va gidi tam GIAC. .cccccuveeeeeeeeeeeeeeesssssssssssnnnees 3

+Dang @: Ung dung dinh 1y sin trong tam gidc va gidi tam GIAC......cccccurmeeereeereeeeeeesssssssssssssseess 5
©.DaANG tOAN TEN IUYEIL............oooviviiiiiecieeecee ettt 7

+Dang €: Cau tric nghiém nhidu phirong an 1ra ChON........cececeeeeeesssssecssissssssessseseeeeeeessssssasssseess 7

+Dang @: CAU trac NGhiBM QUNE, SAl......oovreeeeresssssssmsssssssssssssseeesesssssssssssssssssssssssessssssssssssssssssssssees 33

+Dang €): Cau trac Nghi8m trd 101 NEAN.....oooooeeeeeseccccesssseesseeeeeeeeeeessssssssssssssssssssssssssessssssssssssssssess 44



» BAI @. HE THU’C LUONG TRONG TAM GIAC

|‘ lT()m tat kién thirc

© Ngam Thap Rua tir bo, chi véi nhitng dung cu don gian, dé chuin bi, ta ciing c6 thé xac dinh

dwoc khodng cach tir vi tri ta dirng t&i Thap Rua. Em c6 biét vi sao?

Cé hay khéng, mét kidu dinh li
Pythagore cho tam giac tuy y?

@. binh ly Cosin

£ Cho tam gidc ABC ¢6 BC=a,AC=b va AB=c.Tacé
o a =b"+c’—2bccosA.
o b'=c’+a’—2cacosB.

o Cc=a +b>—2abcosC.

A

g

B a C

& Hé qua: Ap dung dé tinh goc

b+t -dt
9 cosA=—-—7"—.
2bc
2 2 2
c +a —-b
9 cosB=—-—-—.
2ca
2 2 2
a +b —c¢
@ cosC=——-——.
2ab

@. binh ly sin:

& Tam gidc ABC v&i BC = a,CA = b, AB = ¢ va R 1a ban kinh dwong tron ngoai tiép,

b c _9R

tacg: —=——=—-—=
sind sinB  sinC




N
€©. Cong thirc tinh dién tich tam giac
&y Cho tam gidc 4BC c6
@ h, h, h la do dai dwong cao lan lwot twong ng véi cac canh BC, C4, AB;
@ R la ban kinh dwong tron ngoai ti€p tam giac;
2 r laban kinh dwong tron ndi ti€p tam giac

_atbh+tc

la ntra chu vi tam giac;

@ S ladién tich tam giac. Khi do6 ta c6:

A

< S:la.h =lb.hﬁ:lc.h .
2 2 2

a (4

o S= lbcsinAl = lcarsinB = l.arbsinC
2 2 2

@ Lg:a_bc
4R
[ S:p.r

o S:\/p(p—a)(p—b)(p—c) .

|

®. Phan dang toan co’ ban

+Dang @: U'ng dung dinh ly cosin trong tam giac va giai tam giac.
=~Cac vi du minh hoa
Cau 1: Cho tam giac ABC c6 A=72°, B =83°BC=18.Tinh do dai cac canh AC, AB va ban kinh R
ctia dwong tron ngoai tiép tam giac do.
Loi giai

bata=BC, b=AC, c=AB.



Tacé:a=18,( =180"- (72° +83") = 25". 1
b c T

Ap dung dinh I sin, ta c6 — = <

sinA sinB  sinC ’

Suy ra: |
L B3 18
asinB  18.sin83° .
AC=b= ZnE_ 1853 18.8; . : ‘
sinA sin72 Hinh 7
asinC  18.sin25°
AB=c= —=——""F%38;
sinA sin72
a 18
R= = % 9,5,

" 2.sind  2.sin72° ~

Cau 2: Cho tam gidc ABC (H.3.9) c6 A=120° va AB =5, AC =8. Tinh d6 dai canh BC.

Hinh 3.9

Lovi gidi
Ap dung Pinh li c¢6sin cho tam giac ABC, ta cé:

BC? = AB%+ AC? —2AB.AC.cos120°

=5°+8" - 2.5.8.(—%) =129

Viy BC = \/@ )
Cau 3: Cho tam gidc ABC c¢6 AB=5,AC =8 va A=45°. Tinh d6 dai cic canh va do 16n cac goc
con lai cia tam giac.
Loi giai
Ap dung dinh Iy cosin:

2

BC? = AB2 + AC%2—2AB.AC.c0os 45° = 52 + 8 —2.5.8.7 —89-402

= BC =+/89-40+2 .
Ap dung dinh 1y cosin :

a2 rct_b? (89-402)+5 -8

~—0,0202 = B ~ 91°9"
2ac 2(89—40«5 ).5

cosB =



C ~180° —45° —91°9'26,83" ~ 43°50'33,17".
Cau 4: Cho tam giac ABC ¢4 cac canh BC=a=6cm AC=b=7cm AB=c=5cm Tinh COSB,
Loi giai

a’+c’-b* 6°+5°-7" 1
2ac 2.6.5 5

Theo hé qua cua dinh ly cosin ta cé: cosB =

CAu 5: Cho tam gidc ABC c6 AB=3; AC =5va BC =6. Gia tri cia cos A bang
Lovi giai

Ta cb AB®+ AC*—-BC? 3*+5°-6° 1
aco cosA= = =,
2.AB.AC 2.3.5 15

Cau 6: Cho tam giac ABC ¢4 do daibacanhla AB=2, BC =3 CA=4 Tinh goc ABC
Loi giai

BA* +BC” - AC®
2.BABC

Ap dung dinh 1y cosin trong tam giac ta c6: cos ABC =

2 2 2
C}COSABC:ﬂ:__:g:__l_
2.2.3 12 4

Suy ra goc ABC =104°29'.

+Dang @: U'ng dung dinh ly sin trong tam giac va giai tam giac.
#"Cac vi du minh hoa
Cau 7: Cho tam gidc ABC c6 A =72°, B =83°,BC=18. Tinh do dai cic canh AC, AB va ban kinh R
cia dwong tron ngoai ti€p tam giac do.
Lovi giai
bata=BC,b=AC,c=AB.

Tacé:a=18,C =180°- (72° + 83°) = 25".



b c

Ap dung dinh li sin,tac6 — = — = —— =2,
SINnA  sinB  sinC
{

Suy ra: o
AC=b= asflnB _ 18:sm803 ~18,8; |

SinA sin72 B2 18

B [
- - ° Hinh 7

AB=c= as_lnC _ 18._S|n25 ~ 8

SinA sin72°

a 18

R= - = - ~ 9'5
2S8inNA  2sin72°
Cau 8: Cho tam gidc ABC c6 b=8,c=5va B=80" . Tinh s6 do cac géc, ban kinh dwong tron

ngoai tiép va dé dai canh con lai cia tam giac.
Loi giai

Ap dung Dinh li sin cho tam giac ABC ta cé:

. c.sinB  5.sin80°
b c sinC = . =
—_— == 2R =
sinB sinC R b 8
~ 2sinB 2.sin80°

~ 0,62

=4,06

Cau 9: Giai tam gidc ABC, biét c=14 va A=60°,B=40°.
Lovi giai
Ta coé C =180° — (A+ B) =180° — (60° +40°) = 80°.

, a b 14
Ap dung Dinh i sin ta cé: = = )
b cung sin60° sin40° sin80°

. 0 - 0
Suyra a=13SN00° 45 39, J14:8IN407 gy
sin80 sin80

Cau 10: Giai tam giac ABC  bist b=32,c=45va A=87"
Loi giai
Ap dung Pinh li cosin cho tam giac ABC, ta cé:

a? =b% +c¢® —2bc.cos A = 322 + 45° —2.32.45.c0s87° = 2898, 27



Suyra a=53,84.

Ap dung Pinh i sin cho tam gidc ABC, ta cé:

53,84 32
sin87°  sinB 5
H 0
Suyra sinB = 22387 _ 6 59— B = 36%" .
53,84

Ta cé C =180° — (A+ B) =180° — (36°9'+87°) = 56°51",

©. Dang toan rén luyén
+Dang @: Cau tric nghiém nhiéu phwong an lwa chon

Cau 1: Cho AABC c6 a=4, c=5, B=150°. Tinh dién tich tam giac ABC

A.$=10. B.S=10J3. C. S=5. D. S =543.
Lo giai

Chon C

Dién tich tam gidc ABCla S = %acsin B= %.4.53in 150° =5.

Cau 2: Cho AABCc6 a=2; b=6; C =135°. Dién tich ctia tam giac la

A. 642. B. 3v/2. C. 4/3. D. 4.
Lo giai
Chon B

Taco. S = %absin C= %.2.6.3in135° —3.2.

Cau 3: Cho tam giac ABC c6 A=60°, b=10, ¢=20. Dién tich tam gidc ABC bang

A. 704/3. B. 60+/3. C. 504/3. D. 404/3.

Lo giai



Chon C

Tacod Sy :%b.c.sin A= %.10.20.sin 60° = 50~/3.

Cau 4: Cho AABCc6 a=2, b=6, C =153°. Dién tich ciia tam giacla
A. 4. B. 6/2. C. 2. D. 42
Lovi giai
Chon C
. 1 . 1 o
Tacd Sy =5absinC ==.2.6.5in135 =32.

Cau 5: Tam giac c6 do dai ba canh Ian lwotla 9, 10, 11 c6 dién tich bang:

A.15V2. B. 304/2. C. 50/3. D. 254/3.
Lo giai
Chon B

9+10+11

Ntra chu vi cia tam gidc da chola p= 15.

Dién tich ctia tam gic d& chola S =/p(p—9)(p—10)(p-11) =30v2.

Cau 6: Khoang cach tir A dén B khong thé do truc ti€p dwoc vi phai qua mot dadm lay. Nguoi ta
xac dinh dwoc mét diém C ma tir d6 ¢ thé nhin dwoc A va B dwdi mot goc 60°. Biét

CA=200(m), CB =180(m). Khoang cach AB bing bao nhiéu?

A.168(m). B. 228(m).  C.20391(m). D.112(m).
Lovi giai
Chon C
C
A B



AB? = CA? + CB? — 2CACB.c0s60° = 36400 = AB =20+/91(m).

Cau 7: Khoang cach tir A dén B khéng thé do truc ti€p dwoc vi phai di qua mot dam lay. Nguoi
ta xac dinh mot di€ém C ma tir d6 c6 thé nhin duwgc A va B dudi mot goc 78°24' . Biét rang

CA=250m, CB=120m. Khoang cich AB bang bao nhiéu?

A. 255m. B. 166m. C. 298m. D. 266m.
Lo giai

Chon A

Tacé: AB= \/AC2 +BC?-2AC.BC.cos ACB ~ 255m.

Ciu 8: Khoang cach tir A dén C khéng thé do truc tiép vi phai qua mot dam lay nén nguoi ta lam
nhw sau. Xac dinh mét diém B c6 khodng cach AB la 12km va do dwoc goc ACB =37°. Hay tinh
khodng cich AC biét rang BC bang 5km.

A. AC =17km. B. AC~12km. C. AC =15,6km.D. AC ~20km.
Loi giai
Chon C
B
12m S

Ap dung dinh li Césin ta c6:
AB? = AC® +BC? —2AC.BC.cos ACB
<144 = AC* +25—-10AC.cos37°

< AC?-10AC.c0s37°-119=0

AC =5c0837°++/25¢c0s? 37°+119 ~15,6(n)

=
AC =5c0537°—+/25¢0s% 37° +119 ~ -7,6(1)




Vay AC ~15,6km.

Cau 9: Trén ngon doi c6 mot cai thap cao 100m (hinh vé). Pinh thap B va chén thiap C lan lwot
nhin diém A & chan doi dwdi cac goc twong rng bang 30° va 60° so v&i phwong thang ding. Tinh

chiéu cao AH cta ngon doi

A. 60m. B. 50m. C. 55m. D. 45m.
Loi giai
Chon B
Ttr gia thiét suy ra: ACB =120°; ABC =30° = BAC =30°. Do d6, tam giac ABC can tai C
= AC =BC =100.

Trong tam gidc vuong AHC :sin ACH = % < AH = AC.sin 30° =50m.

Cau 10: Cho tam gidc ABC cé ba canh a=5,b=6,c=7. Tinh cosin géc A.

A2, B. 2. 2 p. 2.
7 21 42 7
Loi giai
Chon A
Ap dung dinh li cosin trong tam giac ta c6 cos A= bz-i_zc—sc_az = ; .

Cau 11: Cho tam gidc ABC c6 AB=5;BC =7; AC =8.S56 do goc A bang
A. 45°. B. 90°. C. 60°. D. 30°.
Loi giai

10



Chon C
Tacé AB=5;BC=7; AC =8.
AC? + AB® —BC? _82+52—72 1

—= A=60°.
2AB.AC 2.8.5 2

Twr d6 suy ra COSA=

Cau 12: ChoAABCc6 AB=4; AC=6; A=120°.D06 dai canh BCla
A.19. B. 3V19. C. 2419. D. 2./7.
Lovi giai
Chon C

Ap dung DPinh li Cosin ta c6: BC? = AB? + AC? —2.AB.AC.cos A

— BC = /42 + 62 —2.4.6.c05120° = 2:/19 .
Cau 13: Cho tam giac ABC c6 B =60°, AB =10, BC = 6. Tinh d6 dai canh AC :

A. 2419 B. 6/2. C. 14, D. 76.
Loi giai
Chon A

Tacé AC? = AB? + BC?2 — 2AB.BC.cos B = 76 = AC = 24/19.

Ciu 14: Cho tam gidc ABC c6 B =135°, AB =+/2 va BC =3. D6 dai canh AC bing?

A. 5. B. V17 . C.5. D.

N|©O

Lori gidi
Chon B
Theo dinh 1y cosin: AC? = AB? + BC? —2.AB.BC.cosB =2+ 9—2.4/2.3.c05135° =17

= AC =/17.
Cau 15: Tam giac ABC ¢4 B=135",BC =3, AB =+/2. Tinh canh AC,
A. 5. B. 2,25. C. 5. D. J17.
Lovi giai

11



Chon D

B C

Ap dung dinh 1y cosin trong tam giac ABC, ta c6:
AC? = AB2+BC2—2AB.BC .cosB=2+9-2.4/2.3.c0s135° =17.

Suy ra AC =17

Cau 16: Cho tam giac AABC c6 AB=9,BC =8, ABC = 60°. Tinh do dai doan AC.

A. J113. B. \/73. C. /217 . D. 8

Lo giai

Chon B

Ta c6: AC? = AB? +BC?—2AB.BC.cos ABC =82 +9° —2.9.8.% —73=> AC =+/73

Cau 17: Cho tam gidc ABC c6 cac canh BC=a=6cm, AC=b=7cm, AB=c=5cm. Tinh cosB

A. cosB:l. B. cosB:E.
5 35
C. cosB:i. D. cosB:E.
15 7
Loi giai
Chon A
2 2 2 2 2 2
Ta co: cosB:a +c-b :6 il :1

2ac 2.6.5 5

Cau 18: Tam giac ABC c6 a=8, c=3, B=60°. D0 dai canh b bang bao nhiéu?

12



A. \J61. B. 49. C. \J97. D. 7.
Lo giai
Chon D

b? =a®+c®—2accosB =8 +3°-2.8.3c0s60° =49 =h=7.
Cau 19: Cho AABCc6 BC =12, AC =15, goc C =60°. Khi d6 do dai canh AB la:

A. AB=6y7. B.AB=3J7 C. AB=621. D. AB=321.
Lovi giai
Chon D
Theo dinh li cosin ta c6: AB? = BC?+ AC? —2BC.AC.cosC =12° +15° —2.12.15.c0s 60° =189
— AB =321.

Cau 20: Tam giac ABC cé A =120° thi cau nao sau day ding

A. a’ =b%*+c®+3bc. B. a’ =b*+c® —bc.
C. a>=b*>+c?-3bc. D. a’> =b®+c¢? +bc.
Loi giai

Chon D
Taco a®> =b? +c? —2ab.cos A =b? +c? — 2ab.cos120° = b? + c* + ab.

Cau 21: Cho tam giac ABC ¢6 a=4, b=3, C=60°. Tinh d6 dai canh C.

A.C=5, B.c=\/ﬁ.
C. c=+/25+123 . D. c=13.
Loi giai

Chon B

Theo dinh li cosin ta c6:
c? =a’+b%—2abcosC = 4% +32-2.4.3.cos60° =13.

Vay sz/lT’:.

13



Ciu 22: Tam giac ABC c6: a=5; b=3; c=5.56 do ciia goc BAC l1a

A A>60°. B.A=30°. CA=45. D.A=90°
Lovi giai
Chon A
2,2 .2 2 g2 g2
Taco cosA= D TC =& L on3 55 3 Al aseoe,
2bc 235 10 2

Cau 23: Tam giac ABC c6 A =120° thi cau nao sau day dung?

A. a’ =b®>+c? —hbc. B. a’ =b*+c*-3bc.
C. a’=b*+c? +hbc. D. a’? =b%+c®+3bc.
Loi giai

Chon C
Ta cé a? =b? +c? —2ab.cos A=b? +c® —2ab.cos120° =b? +c? + ab.

Cau 24: Cho tam gidc ABC cébacanh a=5, b=6, c=7. Tinh cosin goc A.

5 2 55 10
A. —. B. —. C. —. D. —.
7 21 42 7
Lovi giai
Chon A
2,2 .2 2,92 g2
Tacd cosAzb rc ~a =6 s =§.

2bc 2.6.7 7
Cau 25: Tinh géc C cta tam gidc ABC biét c*=a’+b’+ab,
A. C =150°. B. C =120°. C. C=60°. D. C =30°.
Loi giai
Chon B
Ap dung dinh li c6-sin cho tam giac ABC ta c6 ¢® = a® +b? —2ab.cosC
Mit khac theo gia thiét ¢ =a® +b? +ab
Do d6 ta dwoc c® =a? +b® +ab =a? +b? —2abcosC < CosC:—% < C=120°

14



Cau 26: Cho tam giac ABC ¢4 AB=3a AC=4a A=60° Khijdé do dai canh BC bang

A. a37. B. 2 237. C.5a. D. a\13.

Loi giai
Chon D

Theo dinh ly cosin, ta cé

BC =+ AB2+ AC2—2.AB.AC.COS A = \/9a2 +16a% — 2.3a.4a.% —av/13.

CAu 27: Cho tam gidc ABC c6 a=4, b=3,C =60". Tinh d6 dai canh c.

A. c=+/13. B. c=13.
C. c=5. D. c=+/25+124/3 .
Loi giai
Chon A
Theo dinh ly c6sin:

¢ =a? +b® —2ab.cosC = 4% + 3 —2.4.3.%:13:>c:\/ﬁ.
Cau 28: Trong tam giac ABC c6 AB=2cm, AC =1cm, A =60°. Khi d6 do dai canh BCla

A. \Ecm. B. 1cm. C. 2cm. D. \@cm.
Loi giai
Chon D
Tacé BC? = AB* + AC*—2AB.AC.cos A = BC® =2° +1° —2.2.1.c0s60° = BC* =3

Vay BC = J3cm.
Cau 29: Cho tam giac ABC c¢6 AB=5,BC =7,CA=8.58 do goc A bang

A. 45°. B. 90°. C. 60°. D. 30°.
Lo giai

Chon C

15



2 2 pe?
AB ;:ESACBC =%: BAC = 60°.

Ta c6: cos BAC =

Vay s6 do goc A bang 60°.

Cau 30: Cho tam gidc ABC c6 BC =10 va goc A=30°. Ban kinh R ctia dwong tron ngoai ti€p tam
giac ABC bang

A. B. 5. C. 104/3. D. 10,

E
\/§ .

Loi giai
Chon D

Ap dung dinh 1y sin trong tam giac ABC ta c6 2R = BC 10 _ 10 _r-10.

sinA _ sin30° (%)

Cau 31: Tam giac déu canha noi ti€p trong dwdng tron ban kinh R bang

A.ﬂ B a3 C ﬂ. D.#.

= e "3
Loi giai
Chon B
Ban kinh dwong tron ngoai tiép tam giac déu canh a: Rz%hz%.a—fzﬁ.
Cau 32: Cho tam giac ABC ¢4 gbc A=300,géc B =45" Tinh E—a
b
h, 1 h 1 h h 2
A 2==, B. 2=——. C =2=42. D.—a=£.
h, 2 h 242 h, h, 2
Loi giai
Chon C
Taco S:—a.ha:—bhbjgzg.
h, a

16



0
Theo dinh 1y sin c6: _a _ b :9 sinB _ sin45 _\f 7.

sinA sinB _a sinA _sin30°

2

vay 225,
a

hb
CAu 33: Cho tam gidc ABC c6 AB=5;A=30";B=70". P dai ctia canh BC c6 gia tri gin nhit véi
gia tri nao duwdi day
A.52.. B. 2,5.. C. 2,6.. D. 9,8.
Loi giai
Chon B
Taco C =180 —(A+B) =80

AB @BC:A33|nA:5.§|n39 ~25.
smA sinC sinC sin80

Ap dung dinh Ii sinta cé

Vay BC =2,5..

Cau 34: Tinh chu vi tam giac ABC biét ring AB=6 y3 2sin A=3sinB=4sinC

A.10V6. B. 26.. C.13.. D. 51/26.
Lo giai
Chon B
Taco AB = AC :>3 6 = AC = AC =8.
sinC sinB ZsinB sinB

Va |_3C = '_A‘C = |_3C =5 8 = BC =12.
sSinA sinB  sinA “sinA

Chu vi tam giac C=AB+BC+CA=26.
Cau 35: Cho tam giac ABC c6 BAC =60°, ABC =45°, BC =+/6 m. Tinh d6 dai canh AC ?
A. AC=4m. B.AC=+2m. C. AC=2m. D.AC=1m.
Lo giai

17



Chon C
Ap dung dinh 1y ham s6 sin ta c6:

. o
BC AC AC:Bc.smB:JEsm45 _om

.— = - :> - - 0
sinA sinB sin A sin60
Cau 36: Cho tam gidc ABC nhon c6 BC =3ava ban kinh dwong tron ngoai tiép tam gidc ABC la

R =a+/3. Tinh s6 do goc A.

A. A=45°, B. A=30°. C. A=60°. D. A=120°.
Loi giai
Chon C
. . BC 3a 3
Ap dung dinh ly sin trong tam gidc ABC, ta c6 =2R=sinA=—= e

sin A 2R_2a\/§=7'
Suy ra A=60°(do tam giac ABC nhon).
Cau 37: Cho AABC c6 AB =5,A =40° B =60°.Dbo6 dai BC gan nhit véi két qua nao?
A.31. B. 3,7. C. 3,5. D. 3,8.
Loi giai
Chon A
C =180°— (40° + 60°) =80°.

Ap dung dinh 1y sin vao AABC :

ﬂ-i: Bczﬁ_sinA: -

— = — - .5in40° =3, 26..
sinC sinA sinC sin80°

Cau 38: Cho tam giac ABC c6 BC =10 va goc A=30°. Ban kinh dwdng tron ngoai ti€p tam giac
ABC bang

A. R=10/3. B. R=10. c.r=10 D. R=5.
J3
Lo giai

Chon B

18



_C =2R suyra R= BC 10

Trong tac giac ABC ta co — = —
sin A 2sin A 2sin30°

Cau 39: Cho tam gidc ABC nhon c6 BC =3a va ban kinh dwong tron ngoai tiép tam giac ABC la

R =a+/3. Tinh s6 do goc A.

A. A=45°. B. A=30°. C. A=60°. D. A=120°.
Lovi giai
Chon C
Ap dung dinh 1y sin trong tam gidc ABC, ta c6 — ¢ =2R=sinA= BC_ 3% V3

sin A 2R_2a\/§=7'

Suyra A=60° (do tam giac ABC nhon).

Ciu 40: Cho AABC 5 BC=a BAC=120° B4n kinh dwong tron ngoai tiép AABC 13

A.R=a. BR=A3  R_? p. R=2Y3
2 2 3
Lo giai
Chon D
Theo dinh ly sin trong tam giactacé 2R = BC :>R:£. - a :a\/§.
sin BAC 2 sin120° 3

Cau 41: Cho tam gidc ABC nhon théa mén 2asinB = by/3. Tinh s6 do goc A

A. 90°. B. 30°. C. 60°. D. 45°.
Loi giai
Chon C

Cé asin B =bsin A nén 2asin B =b/3 < 2bsin A=b+/3 < sin A:%

Vay A=60°.

Cau 42: Cho AABC c6 B=45° C=30° AC =2.Do dai canh AB la

A 2. C. 1+4/3. D. 24/2.

1
B. ——.
2.2
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Loi giai
Chon A

Ap dung dinh 1y sin cho AABC ta cé
1

. 2.
AB _ _AC :AB:AC_.smCZZ._sm:%O _2_45.
sinC  sinB sinB sind5° 2
2

Cau 43: Cho tam giac ABC c6 BC =10 va géc A=30°. Ban kinh R clia dwong tron ngoai tiép tam
giac ABC bang

A. R=5. B. R=10/3. C. R=10. p.R=20.
J3
Lo giai
Chon C
Taco —=2R=R= _a = _10 ==
sin A 2sin A 2.sin30

Ciu 44: Cho AABC ¢ BC =6 y3 goc BAC =30° Ban kinh dudng tron ngoai tiép AABC bing
A. 243. B. 3. C.12. D. 6.
Lo giai
Chon D

Theo dinh li sin trong tam giac ta co6:

a oR BC BC 6

— = o —=2ReR=——=—
SINA sSin A 2sin A 2sin30°

Cau 45: Cho tam gidc ABC c6 BC =5cm, BAC =30°. Ban kinh dwong tron ngoai tiép tam giac ABC

bang
A. 5cm. B. 10cm. C. 5v3cm. D. ?cm.
Lovi gidi
Chon A
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5

Ap dung dinh ly sin ta c6 — =2R&R=——=5
sin BAC 2.sin30°

R . , 9 4 3 . , . . as

Cau 46: Cho tam giac ABC c6 — = — = — va a=10. Tinh chu vi tam giac dé.
sinA sinB sinC
A. 24, B. 36. C. 22. D. 12.
Lovi giai
Chon A
. 4 3 10 8 6 a 8 6

Ta co

- = — = — @ - = — =— <:> - = — = — .
sinA sinB sinC sinA sinB sinC sinA sinB sinC
Theo dinh ly sin trong tam giac ta tinh dwgc b=8,c =6.

Chu vi tam giacla a+b+c=24.

Cau 47: Cho tam giac ABC thdéa man hé thirc b+c =2a. Ménh dé nao sau diy la ding?

A. cosB+cosC =2cosA. B. sinB+sinC =2sinA.
C. sin B+sinC:%sin A. D. sinB+cosC =2sin A.
Loi giai

Chon B
b+c=2a < 2RsinB+2RsinC =2.2Rsin A < sinB+sinC =2sin A.
Cau 48: Cho tam gidc ABC c¢6 AB=5,A=30°B=70°. D06 dai cia canh BC c6 gia tri gin nhit v&i
gia tri nao du¢i day

A. 2,5. B. 2,6. C. 9,8. D. 5,2.

Loi giai

Chon A
Tacé A=30°B=70°=C =80°.

Theo dinh Ii sin ta c6 2= = A2 _ gc - ABSINA_58In30° o)
sinA sinC sinC sin80°

Cau 49: Cho tam gidc ABC c6 AB =3, BC =5 va do6 dai dwong trung tuyén BM = J13. Tinh do
dai AC.

A. V11, B. 4. C. D. J10.

N | ©
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Lo giai

Theo cong thirc tinh d6 dai dwong trung tuyén;ta co:

2 2 2 2 2 2
_BA ;BC _AC @(\/1»3)2:3 25 _AC

BM? < AC =4.

Cau 50: Cho tam gidc ABC c6 goc BAC =60° va canh BC = /3. Tinh ban kinh cta dwong tron

ngoai tiép tam giac ABC.

A. R=4. B. R=1. C. R=2. D. R=3.
Lovi giai
Ta co: |_3C =2R< R= BfC = V3 =
sin A 2sin A 2J§
2

Cau 51: Trong mat phang, cho tam gidc ABC c¢6 AC =4 cm, goc A=60°, B =45°. Po dai canh
BC la

A 2.6. B. 2+2/3.
C. 24/3-2. D. /6.
Loi giai
RE
. BC AC "
T -2~ o BCc=—2 -26,
A SnA sinB Q V6
2

Cau 52: Tam giac ABC c6 A= 68012', B= 34044', AB =117. Tinh AC?

A. 68. B. 168. C. 118. D. 200.
Lo giai

Ta cd: Trong tam gidc ABC: A+B+C =180° = C =180° —68%12'-34%44' = 77%4",
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i 1 0 1
Mitkhsc & - D__ € _ AC _AB _ . ABsinB_117sin34%4' ..
sinA sinB sinC  sinB sinC sinC sin77%"

Cau 53: Cho AABCc6 a=6,b=8,c=10. Dién tich S cta tam gidc trén la:

A. 48. B. 24. C. 12. D. 30.
Lovi giai

LN . a+b+c
Ta c6: Nrachuvi AABC: p= .

Ap dung cong thirc Hé-rong: S =./p(p—a)(p—b)(p—c) =+/12(12-6)(12-8)(12-10) = 24.

Cau 54: Cho AABC c6 a=4,c=5,B=150°Dién tich cia tam giac la:

A. 53 B. 5. C. 10, D. 104/3.
Loi giai
. 1 . 1 . 0
Ta co: Spppc =Ea.c.sm B= E.4.5.sm150 =5.

Cau 55: Cho tam gidc ABC.Biét AB=2; BC =3 va ABC =60°. Tinh chu vi va dién tich tam giac
ABC.

33

A.5+\/7Vélg. B. 5+\/7va—

C. 5J7va 3‘/_ D.5+\/1_9Vég.

Lovi giai

W
6
[
O

Ta co: AC* = AB*+BC*—2.AB.BC.c0SABC =4+9-2.2.3.c0560°=13-6=7

Suy ra AC =+7.
Chu vi tam gidc ABC 1a AB+AC+BC =2+3++/7.

e
i

Dién tich tam giac ABC 1a S,,,. = % AB.BC.sin ABC = %.2.3.sin 60° =

Ciu 56: Trong khi khai quit mdt ngdi mo c6, cac nha khdo c6 hoc da tim dwoc mot chiéc dia co

hinh tron bi v&, cdc nha khdo ¢6 mudn khai phuc lai hinh dang chiéc dia nay. P& xac dinh ban kinh
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cda chiéc dia, cAc nha khdo c6 14y 3 diém trén chiéc dia va tién hanh do dac thu dwoc két qua nhw

hinh vé& ( AB =4,3¢m; BC =3,7 cm; CA=7,5 cm). Ban kinh cta chiéc dia nay bang

A. 5,74cm. B. 6,01cm. C. 5,85cm. D. 4,57cm.
Loi giai

Ban kinh R cta chiéc dia bang ban kinh dwong tron ngoai tiép tam giac ABC.

AB+BC+CA_4,3+3,7+7,5_§Cm

Ntra chu vi cia tam giac ABC la: p=
2 2 4

Dién tich tam gidc ABC la: S =,/p(p—AB)(p-BC)(p-CA) ~52cm?

AB.BC.CA AB.BC.CA
=—>=>R=——7—
4R 4S

Ma S ~5,73cm.

Cau 57: Gia str CD = h 1a chiéu cao cuia thap trong dé C 1a chan thap. Chon hai diém A, B trén mat
d4t sao cho ba diém 4, B, C thing hang. Ta do dwoc AB = 24m, CAD =63°; CBD =48°. Chiéu cao h
cua khoi thap gan véi gia tri nao sau day?

A.61,4 m. B. 18,5 m. C. 60 m. D. 18 m.

Lo giai

Ta c6 CAD =63° = BAD =117° = ADB =180° —(1170 + 480) =15°
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BD — BD- AB.sin BAD

Ap dung dinh ly sin trong tam giac ABD ta c6: — =— _
sin ADB sinBAD sin ADB

Tam giac BCD vuong tai € nén c6: sinCBD = E—B = CD =BD.sinCBD

AB.sin BAD.sinCBD _ 24.sin117°.sin 48°

Vay CD = —
sin ADB sin15

=614m.

CAu 58: Mot ngudi quan sat dirng cach mot cai thap 10m, nhin thang céi thap dwédi mot géc 55°

va dwoc phan tich nhw trong hinh. Tinh chiéu cao cta thap.

A. 67m. B. 24m. C. 16m. D. 12m.

45°

T\

< 0m

v

Loi giai
Chon D
Goi h,h, lan lwot 1a do dai canh d6i dién géc 45°,10°,
h, =10m ( do tam giac vudng can).
h, =10.tan10° ~ 1, 76m.
h=h +h, ~11,76m.

Cau 59: Tir m6t dinh thap chiéu cao CD =80m, ngwdi ta nhin hai diém A va B trén mat dat dudi

cac goc 72°12' va 34°26'. Ba diém A, B, D thang hang. Tinh khodng cach AB.

A. 71m. B. 91m. C. 79m. D. 40m.
Loi giai
Chon B
C,
80m
B
D A
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AB =BD - AD =CD.cotCBD—-CD.cotCAD ~91m.

Cau 60: Tl hai vi tri A va B clia mot tdoa nha, ngwdi ta quan sat dinh C ctia ngon ndi. Biét rang
dod cao AB =70m, phwong nhin AC tao véi phwong ndm ngang goc30°, phwong nhin BC tao véi
phwong ndm ngang géc 15°30" (tham khao hinh vé&). Ngon nui d6 c¢6 d6 cao so véi mat dit gan

nhit véi gia tri nao sau day?

A. 195m. B. 234m. C. 165m. D. 135m.
Lo giai
Chon D
Tir gia thiét, ta suy ra tam giac ABC c6 CAB = 60°, ABC =105°30" va AB = 70.

Khi d6A+B+C =180° < C =180°—- A+B =180°—-165°30" =14°30’.

Theo dinh Ii sin, ta c6 '_AC :A—B hay — ACO = — 700 -
sinB sinC sin105°30 sin14°30

H 0 /
Do dé AC = 2SNL05 307 569 4m .
sin14-30
Goi CH 12 khoang cach tir C dén mit dat. Tam gidc vudng ACH c6 canh CH d6i dién véi goc 30°

nén CH :%:%:134,7m.

Vay ngon nui cao khoang 135m.

Cau 61: Tir hai vi tri A va B cua mdt toa nha, ngudi ta quan sat dinh C clia ngon nui. Biét rang
do cao AB biang 70m, phwong nhin AC tao véi phwong nam ngang géc 30°. Phwong nhin BC
tao v&i phwong ndm ngang géc 15°30". Khi d6 chiéu cao ctia ngon nui so véi mat dat (1am tron

dén hang don vi) bang
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70m

30°

A. 135m. B. 133m. C. 136m. D. 134m.
Lo giai
Chon A
Ta c6: CIK =CAH =30° BAC =60°; BIC =180°-CIK =150°.
BCA=BCIl =180°-CBK —BIC =14°30'.

BC AB.sin BAC
= >BC=————.
sinBCA sinBAC sin BCA

Trong tam giac ABC ta c6:

AB.sin BAC.sinCBK
sin BCA '

Trong tam gidc BCK ta c6: CK =BCsinCBK =

Vay duwomg cao khéi chép 1: CH = CK + KH = CK + AB = AB-SINBAC.SINCBK 51 a5m.

sin BCA

Cau 62: Tlr hai vi tri A, B clia mot tda nha, ngudi ta quan sat dinh C cta mot ngon nui. Biét rang
A 12 diém nam phia chan cta toa nha tiép xic véi mat dat, B 1a diém nam trén ndc clia tdoa nha,

phuwong AB vudng géc véi mat dit, khoang cich AB 1a 70 (m), phwong nhin AC tao véi

phuwong nam ngang mot géc 30°, phwong nhin BC tao v&i phwong nam ngang mot goc 15°30'.

Hoéi ngon nii d6 cao bao nhiéu mét so véi mat dat (Iam tron dén hang phan tram)?
A.143,7(m).  B.1347(m). C.77,77(m).  D.126,21(m).
Loi giai

Chon B
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70m

Goi H 1a hinh chiéu cia C trén mat dat, M 13 hinh chiéu cia B trén CH . Chiéu cao ctia ngon
ndila h=CH . Xét diéu kién trong thuc t€ dinh nti cao hon néc toa nha thi h>70 va M nam
gitra hai diém C va H.

AACH vuéngtai H, CAH =30°= h = AH.tan30° (1)

ABCM vuéng tai M, CBM =15°30' = CM = BM.tan (15°30') = AH.tan (15°30')

o AHo_N=T0 (2)
tan (15°30")
Tur (1) va (2) suyra h=— 10 tan300 es h— —0:an30 ~134,70(m) .
tan (15°30') tan 30° —tan (15°30")

Cau 63: Hai chiéc tau thuy cuing xuit phat tir vi tri A, di thang theo hai huéng tao v&i nhau mot
goc 60°. Tau thir nhit chay v&i téc do 20km/h, tau thi hai chay véi toc dd 30km/h . Hoi sau 3 gior

hai tau cach nhau bao nhiéu km?
A 1047 . B. 207 . C. 30V7. D. 35V7.
Loi giai

Chon C

60°
A @

—oC
Ta c6 quang dwdng tau thir nhat di dwocla s, =v,t =20.3=60(km).
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Quang duong tau thi hai di dwocla s, =v,t =30.3=90(km).
Ap dung dinh 1y cosin cho tam giac ABC vé&i B 1 vi tri tau thit nhat chay dén sau 3 gio, nghia la
AB =s, =60km; C la vi tri tau thi hai chay dén sau 3 gio, nghiala AC =s, =90km
Ta cé:
BC? = AB® + AC* —2AB.AC.cos BAC <> BC? =60° +90” —2.60.90.c0s 60" <> BC* =6300.
Vay khoang cach hai tau sau 3 gio chay la BC = 307.

Cau 64: Twrvi tri A nguwoi ta quan sat mot cay cao.

Biét AH =4m, HB =20m, BAC =45". Khi d6 chiéu cao cta cay (lam tron dén hang phan mudi)

bang
A.17,3m. B.17,6m. C.17,2m. D. 17,4m.
Loi giai
Chon A
c
X
A 20m M
4m 4am
H 20m B

Vi tam gidc AHB vudngtai H néntacé AB=~AH’+HB’ = 426
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Ké AM//HB, M eBC. Khi d6 AM =20m, BM =4m va tam giac ABM vudng tai M. Suy ra

sin ABM :ﬂ:i_
AB /26

Ap dung dinh 1y sin cho tam giac ABC, ta c6

BC AC
sinA sinB’

bat MC = x, khi dé ta dwoc

[on? o2 26(400+ x*

sin4d5° AM 5
AB
x=-30 40
& 24%% + 400X —9600 = 0 < 40 . Suyra Mczx:?
X=—
3

Vay chiéu cao ctia cAy bang BC = x+4 = % = BC »17,3.

Cach 2 (Tinh gan ding chiéu cao cta cay)

Vi tam gidc AHB vudng tai H néntacé AB =+ AH?+HB? =4/26.

Ta c6 sin BAH = % :i = BAH =78,69" = ABC = 78,69 = ACB =56,31 .

J26

Ap dung dinh 1y sin cho tam giac ABC, ta c6

BC AB
sinA sinC’
Suyra BC =17,3.

Cau 65: Hai chiéc xe cling xuat phat & vi tri A, di theo hai hwéng tao véi nhau mot géc 60°. Xe thir

nhit chay v&i téc dd 30km/ h, xe thir hai chay véi téc do 40km/ h. Héi sau 1h, khodng cach gitra 2

xe la:
A. 13km. B.15/3km.  C.10V13. D. 15km.
Lo giai
Chon C
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Trong 1h, xe 1 di dwoc quang dwongla AB =30km

Trong 1h, xe 2 di dwgc quang dwongla AC =40km
Sau 1h khoang céch gitta 2 xe 1a BC: BC? = AB2 + AC2 —2.AB.AC.cos60° =1300 => BC =10/13km.

Cau 66: Hai chiéc tau thiy cuing xuit phat tir vi tri A, di thang theo hai hwéng tao v&i nhau mot
gbc 60°. Tau thi nhat chay véi tdc dd 20km/ h, tau thit hai chay véi téc d6 30km/h. Hdi sau 3gid

hai tau cach nhau bao nhiéu km.
A. 3047 B. 35./7. C. 1047 . D. 204/7.
Lo giai

Chon A

A€ —eC

Goi Bva C lan lwot la hai vi tri ma tau th nhat va tau thi hai téi dwoc sau 3 gio.
Xét tam gidc ABC c6: BAC =60°, AB =3.20=60(km), AC =3.30=90(km).

Ap dung dinh 1y cosin dwoc: BC® = AB* + AC* —2.AB.AC.cos 60°

=60 +90% - 2.60.90.% =6300

= BC =304/7 (km).

Vay sau 3 gior hai tau cach nhau BOﬁ(km).

Cau 67: Thanh phé Hai Pong dv dinh xay dwng mot tram nwéc sach dé cung cip cho hai khu dan

cw A va B. Tram nwéc sach dat tai vi triC trén bo song. Biét AB = 3J17km, Khoang cach tir A
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va B dén bo songlan lwotla AM =3km, BN =6km (hinh vé). Goi T la téng do dai dwong Ong tir

tram nwéc dén A va B. Tim gia tri nhé nhatcta T.

o [ AN
A. 14,32km. B. 15,56 km. C. 16 km. D. 15km.
Lo giai
Chon B

B

A D
N

M C

Goi A’ d6i xirng véi A qua MN, D la trung diém ctia NB.
Do A c6 dinhnén A’ cling c6 dinh.

Tacé: T =CA+CB=CA +CB> AB (khong d6i).

Déng thirc xay ra khi {C} =MN N A'B.

Khi d: Mo _MAT_MA_1 .,
NC NB NB 2

Mit khac, MN = AD =+/AD? + DB? =+/153+9 =92 km (2)

Tir (1) va (2) suy ra MC =32km, NC =6+/2 km.

Vay T =CA+CB=yAM? + MC? +BN2+NC? = /9+18 ++/36+ 72 = 93 = 15,56 km
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+Dang @: Cau tric nghiém ding, sai

Caul. Cho tam giac ABC cO b=7cm,c=5cm, A=120". C4c ménh dé sau ding hay sai?

Ménh dé Piing | Sai
8) | a=+/127cm
b) | cosC ~0,91
c) | cosB=~0,21
d) | R~6,03(cm)
Cau?2. Chotam giac ABC c0 cic canh a=6m,b=8m,c=10m. Cac ménh dé sau dung hay sai?
Ménh dé Piing | Sai
a) | p=16(cm)
b) | s =/p(p-a)(p—b)(p-c)
€) | s= 24( cmz)
d) | r=4(cm)
Cau3. Cho tam gi4c ABC biét a=3cm,b=4cm,C =30". Cac ménh dé sau dung hay sai?
Ménh dé Pung | Sali
a) | ¢ =a’+b’—2abcosC
b) | ¢~ 3,05(cm)
c) | cosA~0,68
d| A~77,2
Cau4. Chotam gidc ABC biét a=8dm, B =45,C =60". Cac ménh dé sau ding hay sai?
Ménh dé Pung | Sai

a) | A=75

b)) a b ¢
sinA sinB sinC

c) | b~5,26(cm)

d) | c~3,17(cm)

Cau’5. Chotam giac ABC c0 cac canh a=3cm,b=4cm,c=5cm. Cac ménh dé sau diing hay

sai?

Ménh dé

Dung

Sai

a) | p=12(cm)

33




b)

Sasc :\/p(p_a)(p_b)(p_c)

©) | S, =6(cm?).
d) | R=3,5(cm)
Cau 6. Chotam giac ABC c6 BC =a,CA=b, AB =c. Cac ménh dé sau dung hay sai?
Ménh dé Pung | Sali
a) cos A b2 +c? —a?
2bc
b) | Géc A vuodng khi va chi khi a? =b?+c?;
€) | Géc A nhon khi va chi khi a? > b? +c?;
d) | Géc A tu khi va chi khi a® <b? +c?.
Cau7. Cho tam gi4c ABC biét cac canh a =52,1cm,b=85cm,c =54cm. Cac ménh dé sau dung
hay sai?
Ménh de Pung | Sai
2 cosB = —a2 it
2ac
b) | A~32°
C) | B~126
d) | c~38.

Cau8. Chotam gidc ABC Vi a=49,4cm;b=26,4cm va C =47°20 . Cac ménh dé sau dung

hay sai?

Ménh dé

Dung

Sai

a)

c’=a’+b*-2abcosC

b)

c~47cm

c)

A=137°

d)

B ~31°40'

Céau 9.

sai?

Cho tam gidc ABC biét canh a=137,5cm, B =83°,C =57 . Cac ménh d& sau dung hay

Dung

Sai

a)

A= 40°

b)

a b ¢
sinA sinB sinC
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¢) | R~106,96cm

d)| b~179,4cm

Cau 10. Cho tam gidc ABC 6 sb do cac canh lan luwot 1a 7,9 va 12 . Cac ménh dé sau dung hay

sai?

Ménh dé

Dung

Sai

a)| p=14

b) | s=13\5

V| gTh

R =
10

d]r=y3

Cau1l. Cho AABC ¢ A=135",¢ =15 va P=12 cac menh d sau ding hay sai?

Ménh dé

Dung

Sai

a) | B=30".

b) | a=122;

c) | c~8,21;

d)| R=15

Cau 12. Cho tam gidc ABC, biét b=7,c=5,cos A= g Cé4c ménh dé sau ding hay sai?

Ménh dé

Dung

Sai

) | a=3\2

d| r=4-2

Cau13. Cho AABC c6 AB=3 AC =4A, diéntich S =33. Cac ménh dé sau ding hay sai?

Ménh dé

Dung

Sai

a) | BC?=AB?+AC?-2AB-AC-cosA

b) A

SinA=——
2

c)

COSA:1
2
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d)

COSA:—l
2

Cau 14. Cho tam gidc ABC . Cac ménh dé sau dung hay sai?

Ménh dé

Ping

Sai

a)

a=DbcosC +ccosB

b)

sin A=sinBcosC +sinCcos B

c)

h, =2RsinBsinC

d)

b? —c? =a(bcosC —ccos B)

Cau 15. Cho AABC c6 BC =+/6,CA=2, AB =1++/3. Cac ménh d@ sau dung hay sai?

Ménh dé

Dung

Sai

a)

A=30

b)

c)

d)

LOI GIAI THAM KHAO

Thi sinh ghi d4u X vao cét dwogc chon twong #wng véi ménh dé bén trai

Cau 1.

a) a=+127cm
b) cosC ~ 0,91
c) cosB=0,21
d) R=6,03(cm)

Lovi giai

Cho tam giac ABC ¢6 b=7cm,c=5cm, A=120". Khi d6:

a) Sai

b) Dung

c) Sai

d) Pung

Ap dung dinh Ii cosin trong tam giéc, ta co:

a’=b*+c?-2bccosA=a*=7*+5-2-7-5-c0s120" =109.

Do d6, a=+/109cm.
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a’+c’-b® 109+5°-7%

Taco b?> =a®+c?—2accosB = cosB = = ~0,81.
2ac 24/109.5
2 12 Q2 2 g2
Tuong tu, cosC:a b —c :109+7 S ~0,91
2ab 2+/109.7
Ap dung dinh Ii sin trong tam giéc, ta co:
a _b _ ¢ oppnre_2? V109 6 03(cm).

sinA sinB_sinC T 2.sinA 2-sin120
Céau 2. Chotam giac ABC c6 cac canh a=6m,b=8m,c=10m. Khi do:
a) p=16(cm)

b) S =1/p(p-2a)(p-b)(p—c)

c) S= 24(cm2)

d) r=4(cm)

Lo giai

a) Sai b) Ping ¢) bung d) Sai

Taco p=(6+8+10):2=12(cm).

Ap dung cbng thirc Heron trong tam giac, ta co:

S=p(p-a)(p-b)(p—c) hay S =12 (12-6)- (12-8)-(12-10) = 24(cm’).
Ma S=p-rnénr=S:p=24:12=2(cm).

Cau 3. Chotam giac ABC biét a=3cm,b=4cm,C =30". Khi do:
a) ¢ =a*+b”-2abcosC

b) ¢~ 3,05(cm)

c) cosA=0,68

d) A~77,2°

Lovi giai

a) Piang b) Sai ¢) Pung d) Sai
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Ap dung dinh Ii cosin trong tam giéc, ta c6: ¢ =a’+hb? —2abcosC hay

c? =32 +4>-2-3-4-c0s30" =25-12+/3. Do d6, ¢ ~ 2,05(cm).

b?+c?—a? 4% +(25-124/3)* -3

2be 2-4.4/25-12./3

Suyra A~ 47,2". Do d6, B=180"—A—C =180"—47,2" —30" =102,8".

Tacod a’=b’+c?—2bccos A= cos A= ~0,68.

Cau 4. Chotam giac ABC biét a=8dm,B =45",C =60". Khi do:

~

a) A=75
a_ _ b _ ¢
sinA sinB sinC
c) b~5,26(cm)
d) c~3,17(cm)

Loi giai
a) Dung b) DPung ¢) Sai d) Sai
Trong AABC tacé: A=180"-B-C =180"—-45 —60" =75 .
Ap dung dinh Ii sin trong tam giéc, ta co:
a b ¢ N 8 b ¢
sinA sinB sinC  sin75  sin45  sin60°
Do d6, b= M ~5,86(cm);c = m ~7,17(cm).
sin75 sin75
Cau 5. Chotam giac ABC c6 cac canh a=3cm,b=4cm,c=5cm. Khi do:
a) p=12(cm)
b) Syec =+/P(P—2)(P—b)(P—C)
€) Sec =6(cm?).
d) R=3,5(cm)
Lo giai
a) Sai b) DPung ¢) bung d) Sai
Tacd p= a+2+c = 3+g+5 =6(cm) . Ap dung cong thirc Heron ta co:
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Spec =y/P(P—a)(p—b)(p—c) =4/6:(6-3)(6—4)(6-5) =6(cm?).

Ap dung cbng thuc tinh dién tich S = anc ,suyra R= anc = 345 =2,5(cm).
4R 4S 4.6

Cau 6. Chotam gidc ABC c6 BC =a,CA=b, AB=c. Khi do:

b?+c?-a?
2bc

b) Goc A vudng khi va chi khi a* =b* +c?;

a) cosA=

b) Goc A nhon khi va chi khi a® >b? +¢?;

c) Goc A tu khi va chi khi a® <b®+c?.

Loi giai
a) Ping b) Pung c) Sai d) Sai
< e A y . b? +c¢*—a’
a) Ap dung dinh li c6sin trong tam giac ABC, ta c0: cos A= e
Cc

b) Géc A vubng khi va chi khi a> =b*+c?;
¢) Goc A nhon khi va chi khi cos A>0 hay b*+c¢®—a* >0« a’ <b®+c°.
d) Goc A th khi va chi khi cos A<0 hay b*+c¢®-a’ <0« a® >b*+c’.

Cau 7. Chotam giac ABC biét cac canh a=52,1cm,b =85cm,c =54cm . Khi dé:

2, .2 32
a) cosB = u
2ac
b) A ~32°
¢) B~126
d) C =38
Loi giai :
a) Dung b) Sai ¢) Sai d) Piing
2 A2 52
Theo hé qua dinh Ii cos A= 2 =S =&
2bc
2 2 2
_ 85 +547 52,17 0,815 A ~36":

2.85.54

39



@ +c7 b 52,17 +547 -85
2ac 2.52,1.54

cosB = ~—-0,28 = B~ 106

C=180"-(A+B)~38.

Cau 8. Chotam gidc ABC V&i a=49,4cm;b=26,4cm va C=47"20". Khi do:

a) ¢®=a’+b*—2abcosC
b) c~47cm

c) A~137°

d) B~31°40"

Lo giai

a) Ping b) Sai c) Sai d) Ping

Theo dinh Ii cosin, ta c6: c¢* =a® +b*—-2abcosC
= (49,4)* +(26,4)> —2.49,4.26,4 - cos(47°20’) ~ 1369, 66.
Suy ra: c~37cm.

2 2
2, 22 (26.4) +1369,66—(49,4
Tach: cosA=2 € =4 z( ) (49.4) ~-0,191= A~101°
2be 2.26.437

Ta co: B:1800—(A+C)z31°40'

Cau 9. Cho tam gidc ABC biét canh a=137,5cm, B =83°,C =57°. Khi d6:

a) A=40°
a_ _ b _c _
sinA sinB sinC
c) R=106,96cm
d) b=179,4cm

Lovi giai

a) Dung b) Sai ¢) bing d) Sai

Taco: A=180"-(B+C)=180°—(83°+57°)=40°
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Theo dinh Ii sin: a _b - -
sinA sinB sinC

Suyra: R= f"‘ = 1:_57’50z106,96cm;
2sin A 2sin40

_ a?mB _ 137,5-51283 ~212.32cmic = aélnC _ 137,5-s1ri57 ~179.4¢m.
sin A sin 40 sin A sin 40

b

Cau 10. Cho tam gidc ABC c6 sb do cac canh lan luot 1a 7,9 va 12 . Khi do:
a) p=14

b) s=13v5
75

) R=—22
JR="0

d)r=+3.

Lo giai

a) Dung b) Sai c) Sai d) Sai

Giasu: a=7,b=9,c=12.

_a+b+c 7+9+12

Dat
at p > 5

=14 (ntra chu vi tam gi4c).

Theo cbng thuc Hé-réng, ta co:

S=p(p-a)p-b)(p—c) =1414-T)14-9)(14 - 12) = 144/5;

'S = pr:r:E:%:\/g.
p 14

Tacs: g 206 _ p_abc_7.9.12 :27J§
4R 4S 4145 10

Cau 11. cho AABC ¢6 A=135",C =15 va b=12 Khi do:
a) B=30".

b) a=12V2;

c) c=8,2L

d) R=15

Lovi giai
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a) Piang b) Ping c) Sai d) Sai
Taco:B=180"—(A+C)=180"—(135 +15") =30
a b c a 12 c
—=———=—""7-=2RS — = ——=——=2
sinA sinB sinC sin135 sin30 sin15
a=12-§|n1§5 =12\/§; C=12:s,|n105 ~6.21 R= .12 _
sin 30 sin30 2sin 30
Cau 12. Cho tam gidc ABC, biét b:7,c:5,cosA:§. Khi do:
a) sin A:ﬂ
5
b) S=14
) a=3/2
d)r=4-2
Loi giai
a) Ping b) Piing c) Sai d) Sai

Ta cé: sinzAzl—coszA:%:sin A:g (vi sin A>0).
1 .
S:Ebcsm A=14

a? =b2+cz—2bccosA:72+52—2.7-5-g:32:>a:4«/§.

& _yppo @ 52 avbrc_ o5
sin A 2-sin A 2

S=pr:>r=§: 14 =3-2.
P

6+2\/§

Cau13. Cho AABC cd AB=3 AC =4A, diéntich S =3v3. Khi do:

a) BC® = AB*+ AC*-2AB-AC-cos A

3

b) sinA=——
2

C) cosA:1
2
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d) cosAz—1
2

Lo giai

a) Pung b) Sai c¢) bilng d) Pung

Ta co: S:EAB-AC-sinA:sinA: 25 :2'3J§:£.
2 AB-AC 3-4 2
3 1 cosAzl
coszAzl—sinzAzl——:Z: :BC?=AB?+ AC?-2AB-AC-cosA.
COSA=-=
2
Vi cosA:%:BCZ=32+42—2-3-4%=13:> BC =/13.
Véi cosA:—%:BC2:32+42—2-3-4-(—%j:37:> BC =+/37.
Céau 14. Chotam giac ABC . Khi do6:
a) a=bcosC+ccosB
b) sin A=sinBcosC +sinC cos B
) h, =2RsinBsinC
d) b*>—c* =a(bcosC —ccosB)
Loi giai
a) Dung b) Ding ¢) DPung d) Dung
2, ~2 2 2 12 A2 2, h2_ Q2 2, A2 2
a) cosB:u;cosC=m. VP:bcosC+ccosB:b-a b —c +c-6l +c b
2ac 2ab 2ab 2ac

2 2 2 2 2 2 2
_a +b°—c +a +c“=hb :Za _ a=VP(dpem).
2a 2a a

b) sin B:L;sinC -
2R 2R

VP =sinBcosC +sinC cos B =L'cosC+i-cosB:i(bcosC+ccos B)
2R 2R 2R

(ma a=bcosC +ccosB, chirtng minh cau a).:%-a:VP(dpcm).
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bcsin A B 2RsinB-2RsinC-sin A

- =2RsinBsinC =VP(dpcm).
2Rsin A

c) S :la-ha ~Lpcsina =h, =
2 2

2 12 A2 2, ,2 12
d) a(bcosC—ccosB):ab-cosC—ac-cosB=ab-m—ac-u
2ab 2ac

b? —c?.

_a’+b*-c? a’+c’-b® a’+b’-cP-a’-c’+b®
2 2 2

Cau 15. Cho AABC c6 BC =+/6,CA=2, AB =1++/3. Khi d6:

a) A=30
b) B=35
0 S:3+\@
2
d) R=+2.
Loi giai
a) Sai b) Sai c) Pung d) Pung
2 2 2 2 2 2
cosA=b+C—_a=l:>A=60°;COS|3=u=£:>|§=45°_
2bc 2 2ac 2
S=1bcsinA=3+‘@;S=lBC~AH L pH=2S.g_ac o _abc_ o
2 2 2 BC 4R 43

+Dang €): Cau tric nghiém tra 1&i ngian

Cau l. Dé kéo day dién tir cot dién vao nha phai qua mét cai ao, anh Nam khéng thé do do
dai day dién can mua truc tiép dugc nén da 1am nhu sau: Lay mot diém B nhu trong hinh,
nguoi ta do duwoc d6 dai tir B dén A (nha) 12 15m, tir B dén C (cot dién) 1a 18m va

ABC =120". Hay tinh d6 dai day dién ndi tir nha ra dén cot dién.

Loi giai
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Ap dung dinh Ii cdsin cho tam gidc ABC ta co:

AC =+/AB? + BC® —2AB-BC -cos B =~/15% +18° —2-15-18-c0s120" ~ 28, 62(m).
Vay d6 dai day dién ndi tir nha ra cot dién dai 28,62 m.
Cau 2. Bé do dudng kinh mot ho hinh tron, ngudi ta 1am nhu sau: Ly ba diém A, B,C nhu

hinh v&, sao cho AB =8,5m;AC =11,5m; BAC =141° . Hiy tinh duong kinh caa hd nuéc do.

Lo giai

Ap dung dinh Ii cdsin cho tam giac ABC ta co:

BC =+/AB? + AC? —2AB- AC -C0s A = /8,52 +11,5? —2-8,5-11,5-c0s 141" ~18,88(m).

Talaico: 2° —2R=>R=—2C ~_ 1888 _i5my.
sin A 2sin A 2-sin141

Do d6, d = 2R ~15-2 = 30(m) .
Vay duong kinh cua hd nudc khoang 30m.

Cau 3. Dé do chiéu cao cia mot cot co trén dinh mot toa nha anh Béic di 1am nhu sau: Anh
dang trén mot dai quan sat co tim quan sat cao 5m so véi mit dat, khi quan sat anh do duoc
g6c quan sat chan cot 1a 40" va goc quan sat dinh cot 1a 50°, khoang cach tir chan toa nha dén

vi tri quan sat 12 18m. Tinh chiéu cao cot co va chiéu cao cua toa nha.

45



Lo giai

Trong tam gidc DAC, ta c0:

DC 18
cosA cos40

coS ACD:%' suy ra AC = ~23,5(m).

. AD o o
tan ACD =tan 40 :E,suy ra AD=DC-tan40 =18-tan40 =~15,10(m).

Vay chiéu cao cua toa nha 1a: AE = AD + DE = AD +CF ~15,10+5=20,1(m).
Trong tam gidc DBC ta co:

DC 18

= ~~ 28(m).
cosB cos50

cosBCD = % ,suy ra BC =
BC

Lai c6 goc ACB=50"—-40" =10, ap dung dinh Ii cosin trong tam giac ABC , ta co:

AB =+/CA? + CB2 — 2CA-CB - cos ACB

~ /23,57 + 287 —2-23,5-28-c0s10" ~ 6,34(m).

Vay chiéu cao cua cot ¢ khoang 6,34 m.

Cau 4. Cho hinh binh hanh ABCD c6 A=60" va AB =5, AD =8. Tinh d¢ dai duong chéo AC.
Loi giai

Vi ABCD Ia hinh binh hanh nén ta c6: BC = AD =8, ABC =180" —60" =120".
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Ap dung dinh Ii cdsin cho tam gidc ABC, ta co:

AC? = AB? + BC?—2AB-BC-cos ABC =52 +82—-2.5.8.c0s120° =129 = AC =+/129.

Cau5. Chotam gi4c ABC c6 AB =5, AC =8, A=60". Tinh ban kinh R cua duong tron ngoai tiép

tam giac.

Lovi giai

BC?>=AB*+ AC*-2AB-AC-cosA=5"+8"—2-5-8-cos60 =49
Ap dung dinh li césin, ta cd: = BC =7.
,C =2R=R= B,C __ 7 027\@.
sin A 2sinA  2sin60 3

Ap dung dinh Ii sin ta c6:

Cau 6.  Tur mot miéng bia hinh tron, ban Nam cat ra mot hinh tam giac ABC ¢ d6 dai c4c canh
AB = 4cm, AC =5cm, BC =6¢cm (Hinh). Tinh ban kinh R cua miéng bia ban dau (Iam tron két qua

dén hang don vi theo don vi xang-ti-mét)

4
Traloiie e eeneneennne.
Loi giai
2 2 2 2 g2 @2
Ap dung dinh 1i cbsin cho tam giac ABC, ta cd: cosA= AB"+ACT-BC" 4 +5-6" 1 Ma
2AB-AC 2.4.5 8
N o A - 2 l 3'\/?
A<180 nén sin A=+/1-cos* A = 1—a:?
Ap dung dinh i sin, ta co: |_3—C=2R:> R= EfC = ~ 3(cm).
sin A 2sin A 5 N7

8
Cau7. Dé do khoang cach tir vi tri A trén bd song dén vi tri B cua con tau bi mic can gan mot cu
lao gitra sdng, ban Minh di doc bd song tir vi tri A dén vitri C cach A mot khoang bang 50m va do
cac goc BAC =70, BCA=50". (Hinh). Tinh khoang cach AB theo don vi mét (1am tron két qua dén

hang don vi)
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Lo giai

Xét tam gidc ABC, taco: ABC =180"-70"—50 =60".

Ap dung dinh i sin, ta co: AB _AC _, pp-ACsnC _50sin30

sinC sinB sin B sin 60’

~ 44(m)

Cau 8.  Tur mot tim bia hinh tron, ban Thao cit ra mot hinh tam giéc c¢6 cac canh AB =8cm,
AC =13cm va B=60" (Hinh). Tinh d¢ dai canh BC va ban kinh R ciia miéng bia (1am tron két qua

dén hang phan muoii theo don vi xang-ti-mét).

Lo giai

bat BC = x(cm)(x > 0).

Ap dung dinh li c6sin ta c6: AC? = AB?+BC?-2AB-BC-cosB

Suy ra 13° =8% + x> —2.8-x-€0s60" <> x> —8x—105=0.

Giai phuong trinh trén ta dugc x =15 hoac x=-7.Vi x>0 nén x=15.
Suy ra BC =15(cm) . Ap dung dinh li sin ta co:

AC AC 13

— =2R=>R=——=— - ~7,5(cm).
sinB 2sinB  2sin60

Cau 9. Hai tau danh ca cung xudt phét tir bén A va di thang déu vé hai ving bién khac nhau, theo
hai hudng tao véi nhau gc 120° (Hinh). Tau tha nhét di voi tée do 8 hai If mot gio va tau thi hai di
Vi te do 10 hai Ii mot gio. Hoi sau bao lau thi khoang céch giia hai tau 1 60 hai I (1am tron két qua
dén hang phan muoi theo don vi gio)?
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Lo giai

Gia sirsau x (gid) (x> 0) tau thir nhat & vi tri B, tau thir hai ¢ vi tri C va khoang cach BC =60 (hai
Ii).

Ta c6: AB=8x (hai li); AC=10x (hai li). Ap dung dinh |i coésin, ta co:
BC? = AB*+ AC? —2AB- AC-cos BAC

< 60% = (8x)* + (10x)? —2-8x-10x-(—%) & 244x* =3600 = x ~ 3,8.

Vay sau 3,8 gio thi khoang céach gitra hai tau la 60 hai Ii.
Cau 10. Cho tam giac ABC c¢6 a=7cm,b=8 c¢=6cm. Hiy tinh d¢ dai dwong trung tuyén m,

Cua tam giac da cho.?

Traloiie e eeeeenennnne.
Loi giai
Ta co:
2(b2+cz)—a2 2(82+62)—72 151 151
m = = = _-
a 4 4 4 ¢ 2

Cau 11. Hai chiéc tau thiy P va Q cach nhau 100m. Tir P va Q thang hang Vi

chan A cua thap hai dang AB o trén bo bién nguoi ra nhin chiéu cao AB cua

thap dudi cac goc BPA=15" va BQA=22". Tinh chiéu cao AB cua thap?
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Loi giai
AABP va AABQ vudng tai A nén AP = AB-cot15’, AQ = AB-cot 22"

Suy ra: PQ=AP—AQ = AB-cot15 — AB-cot22’ = AB(cot15 —cot22)

PQ 100

= AB= 5 - = 5 5
cotl5 —cot22  cotl5 —cot22

~79,56m.

Vay thép hai ding c6 chiéu cao xap xi 79,56m.
Cau 12. Biét hai luc cung tac dong vao mot vat tao voi nhau goc 40°. Cudng d6 cua hai luc do
la 3N va 4N . Tinh cuong d6 cua luc tong hop?

Lovi giai

Gia sur vat duoc dat ¢ vi tri A, hai luc tic dong vao A lan luogt 1a cac vecto AB, AD c6 do 16n

la 3N,4N .

V& hinh binh hanh ABCD, ta ¢6 hop luc tac dong vao A 1a: AB+ AD = AC . Do ABCD Ia hinh
binh hanh nén AD =BC =4.

TacO: ABC =180 —40 =140". Xét tam giac ABC, theo dinh li c6-sin ta co:
AC? =AB’> + BC* —2AB-BC-cosABC =3* +4* —2-3.4.cos140" ~ 43,39

= AC = 6,59.

Viy do 16n cua lec tong hop tac dong vao vat A 1a xap xi 6,59 N .

Cau 13. Cho tam gidc ABC thoa man diéu kién 4m2 =b? +c?, trong d6 m, 1a do dai trung

tuyén tam giac ké tir A;a,b,c 1a cac canh cua tam giac. Khi d6 tam giac ABC la tam gié4c gi?

Lo giai

2(b2 +c2)—a2

Tacd :m? = 1

= 4m? =2(b% +¢*)-a’,
Két hop gia thict: 4m? =b® +¢* < 2(b* +¢*)-a’ =b’ +c* < b’ +c” =a’.

Vay tam gidc ABC vubng tai A.
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Cau 14. Cho tam giac ABC thoa man diéu kién %+%+E—° :%+%+E . Khi @6 tam giac
b b

C a a C

ABC la tam giac gi?

Lo giai

Taco: Sype = 2ha=Zhp=Zhomh, = e - Busc p e
a c

.. h h h h h h b
Taco: 24+ 24 =L _C4 28
h, h. h, h h h a

C a a

c a a b c
= —+—
b ¢ b ¢ a

C

eb’c+cfa+a’h=a’c+b’a+c’h < (a—b)(ab+c’—ac—bc)=0

a=b
< (a-b)(b-c)(a-c)=0<|b=c..
a=c

Vay tam giac ABC can.

Cau 15. Cho tam gidc ABC c6 AB =4, AC =10 va duong trung tuyén AM =6. Tinh d¢ dai
canh BC ?

Lo giai

AB” + AC* BC®
2 4

Taco: AM? =

2 2 2 2
— BC? =4£#—AM2]=4(4 +210 —62J:88:>BC=2\/5.
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Cau 16. Cho tam giac can ABC c6 A=120" va AB=AC =a. Liy diém M trén canh BC sao
2BC

Lovi giai
A

G °

30° 30°
B M C

Tacd: BC= \/AB2 +AC? —2ABAC 05120’

=\/a2 +a’ —2a-a-(—%j =aJ§:>BM= zas\/gAM=\/AB2+BM2—2AB-BM-cos3O°

Jaz{zaﬁj_zg.za@.ﬁﬁ.

5 5 2 5

Cau 17. Cho hinh binh hanh ABCD c6 AB=4,BC =5BD=7. Tinh AC.

Lo giai

Do ABCD la hinh binh hanh nén AD =BC =5.

Goi O la giao diém hai duong chéo hinh binh hanh, suy ra O 1a trung diém BD.

AB” + AD* BD’

X6t AABD : OA? =
2 4
2 2 2
_AHS _7—=§:>0A=@.
2 4 4 2

Do dé: AC =20A=+/33.
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Cau 18. Mot céi cay dang thang dung bi gié manh 1am gy khong hoan toan (hai doan than bj
gdy van dinh lién nhau nhu hinh v&). Mot ngudi mudn do chiéu cao cua cay truéc khi gay,
ngudi 4y dé duoc doan thang ndi tir gdc cay dén ngon ciy (da ngd) 1a AB=6m, hai goc

CAB =76",CBA=35". Tinh chiéu dai cua cay truéc khi bi gay (gia sir su bién dang lic gay

khong anh hudng dén téng do dai cua cay)?

Lo giai

Tacé: C =180 —(A+B)=180"—(76 +35)=69'.

Theo dinh I sin: A2 _ AC _ BC o _AB-SINB_6-5iN35 4 6om:
sinC sinB sinA sinC sin69

. pc-ABSINA_B:8iN76 o AC +BC ~9,93m.
sinC Sin 69

Vay chiéu cao ban dau cua cdy xap xi bang 9,93m.

Cau 19. Cho tam gidc ABC thoa mén h, =,/p(p-a), trong d6 a,b,c 1a ba canh, h, la chiéu
cao trng vai canh a cua tam giadc va p la nira chu vi tam giac do. Tam giac ABC la tam giac

gi?
Lovi giai
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Taco: b, =/p(p-a) = = = /p(p-2)

@%/p(p—a)(p—b)(p—c) =Jp(p—a) ©4(p-b)(p-c)=a’ = (a+c—b)a+b-c)=a’

a
sd-b-c)Y=d<=b-c)=0=b=c.

Vay tam gidc ABC can tai A.

Cau 20. Cho AABC c6 AB=9,BC =10, AC =+/73. Kéo dai BC mot doan Cl =5. Tinh d6 dai

Lo giai

a’+c’-b* 10°+9°-(+73)* 3

Xét AABC, ta cO: cosB =
2ac 2.10.9 5

Xét AABI , ta co:
Al? = AB?+BI?-2-AB-BI -cosB=92+(10+5)2—2-9-(10+5)-g=144

= Al =12

Vi BI% = AB? + Al? nén AABI vubng tai A hay IA_L AB.
Cau 21. Cho hinh thoi ABCD ¢6 canh bing @. Goc BAD =30"_ Tinh dién tich hinh thoi
ABCD |

Loi giai

Taco: Sppep =2 Spgp =2'%'AB‘AD-Sin BAD =a-a-sin30° :%az,

Cau 22. Cho tam gidc ABC, cd AB=8,AC =9,BC =10. M6t diém M niam trén canh BC sao
cho BM =7. Tinh d6 dai doan thing AM .

Lovi giai

Xét AABC :
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c’+a’-b> 83

cosB = AM? = AB?*+BM?-2AB-BM -cosB
2ca 160
=82+72—2.8_7.§=@:> AM =3_V60.
160 10 10

Cau 23. Cho tam gidc ABC vudng tai A, biét AB=6cm, AC =8cm va M 1a trung diém cua

BC . Tinh bén kinh caa duong tron ngoai tiép tam giac ABM

b

Traloiieeeeeeeeeennnnnn.
Lovi giai

AB =6cm, AC =8cm = BC =10cm, AM = BM :%BC =5cm

p_6+5+5_
8

8

abc abc 556 25
Siou =(P(P=a)(p-b)(p—c) =125 AR 4s 412 8

Cau 24. Mudn do chiéu cao ciia thap cham Por Klong Garai & Ninh Thuan nguoi ta lay hai
diém A va B trén mat dat c6 khoang cach AB=12m cuing thang hang véi chan C cua thap dé

dat hai giac ké. Chan cua giac ké co chiéu cao h=1,3m. Goi D la dinh thap va hai diém A, B,
cuing thang hang véi C, thudc chiéu cao CD cua thap. Nguoi ta do duge goc DAC, =49 va

DB,C, =35". Tinh chiéu cao CD cua thép.

D "§\\
At Vi
N\ ‘\

.\\ \\

\\ -\‘\

= & })\
Cl Vs N 1 3/ \Bl

I\ 12m 4
l,3m // ‘¥ / \\.
¢ A 12m B
Tralolieeceeeeeeneenennnn.
Lovi giai

Taco: C,DA =90 —49° =41;C,DB, =90" -35 =55, nén ADB, =14",
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AB, AD N D:12'5|n35

: = ———~28,45m.
sin ADB, sinABD sin14

Xét tam giac ADB,, c0:

Xét tam giac C,AD vuong tai C,, co:

sinC,AD = &2
AD

= C,D=AD-sinC,AD = 28,45-5in49" ~ 21,47m

— CD=C,D+CC, ~22,77m.

Cau 25. Cho AABC c6 AB =8 AC =5,BAC =60". Tinh chiéu cao AH cua AABC

Lo giai

BC =+ AB? + AC? —2AB-AC-€0S60" =7;S, =%AB-AC-sin BAC =10+/3.

=%AH .BC @1OI=%~7~AH < AH

SAABC

2043
==
Cau 26. Cho AABC c6 BC =a; AC =b-AABC c6 dién tich 16n nhat khi C = ?

Loi giai

S asc :%AC-BC-sinC:%-a'b-sinC.

Dién tich tam gidc ABC 16n nhat khi sinC 16n nhat = sinC =1« C =90"

Cau 27. Cho tam giac nhon ABC c6 a=3,b=4 vadién tich S=3y3. Tinh ban kinh R cua

duong tron ngoai tiép tam giac do..

Traloiieeeeeeeeennnnnn.
Loi giai
SzlabsinC:sinC=§=@:£:>C:60°.
2 ab 3.4 2
c:\/a2+b2—2abcosC:\/173;;:2R:>R: C = \/173:\/@
sinC 2sinC  2sin60 3
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CAu 28. Cho tam giac ABC cO AB =2, AC =3,A=60". Tinh do dai duong phan giac trong goc

A cua tam giac ABC.

Loi giai
Gia sir duong phan giac trong géc A cua AABC cit canh BC tai diém D.
Vi S la ki hiéu dién tich tam giac ta co

Suac = Saos + Spoc @%AB-AC-sin A:%AD-ABsin§+%AD-AC-sing.

o AD=2c0s 2. AB-AC _ 2:3
2 AB+AC 2+3

2-c0s30° :g-ﬁzﬁ.

5 2 5
Cau 29. Trén ngon dbi c6 mot cai thap cao 100m (hinh v&). Pinh thap B va chan thap C lan
luot nhin diém A & chan d6i dudi cac goc twong tng bang 30° va 60° so Véi phuong thang

dang. Tinh chiéu cao AH cta ngon doi.

c el
/f\ h
/é//////,,._ |
Tralolieeeeeeeeennnenn.
Lovi giai

ACB =120"; ABC =30 = BAC =30". Nén AABC can tai C = AC =BC =100

Trong tam giac vuéng AHC :sin ACH :% < AH = AC-sin30° =50m.

Cau 30. Hai chiéc tau thiy cling xuat phat tir vi tri A, di thang theo hai huéng tao véi nhau
maot goc 60°. Tau thir nhat chay véi te do 20km/ h, tau tha hai chay voi toc d6 30km/h. Hoi

sau 3 gio hai tau cach nhau bao nhiéu km?

Lovi giai



Ta c6 quing duong tau thir nhat di dugc 12 s, = vt = 20.3=60(km).

Quang duong tau thi hai di duoc la s, =v,t =30.3=90(km).

AABC Vv6i B 12 vi tri tau thir nhat chay dén sau 3 gio, nghia 1a AB =s, = 60km;C la vi tri tau thir
hai chay dén sau 3 gio, nghia la AC =s, =90km

BC? = AB® + AC? - 2AB- AC -cos BAC < BC* =60 +90” —2-60-90-cos 60’

< BC? =6300. Vay khoang céch hai tau sau 3 gio chay 1a BC =3047 .

Cau 31. Thanh phd Hai Dong du dinh xay dung mot tram nudc sach dé cung cap cho hai khu
dan cu A va B. Tram nudc sach dit tai vi tri C trén bo sdng. Biét AB =317 km, khoang cach
tr A va B dén bo sdng lan lugt 1a AM =3km, BN =6km (hinh v&). Goi T 1a tong do dai dudng

6ng tir tram nude dén A va B. Tim gia tri nho nhatcua T .

Traloiieeeeeeeeeeeneenneen
Loi giai
Ké AK L BN;A'H 1 BN.
367 km B
6km
A K
3km
C N
M E 3
A' gH

Goi A" dbi xang véi A qua MN, D latrung cua NB.
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T =CA+CB=CA +CB> AB (khong d6i). Pang thic xay ra khi {C}=MN NAB.

MN = AK = AH =+ AB? —KB? =4/(3+/37)% —3% =18km.

Vay AB=+AH?+HB? =182 +9? =95 = 20,12km .

Céu 32. Tam giac ABC c6 cos(A+B) = —%, AC =4,BC=5. Tinh canh AB.

Lo giai

Vi trong tam gidc ABC tacé A+ B buvasigoc C nén A+B =180 -C

cos(A+ B):—%:cosc:%;AB:x/AC2+BC2—2AB-BC-cosC :\/42+52—2-4-5-%:6

Cau 33. Tam giac c6 ba canh lan luot 14 5,12,13. Tinh d6 dai dudng cao ung véi canh 16n

nhat.
Traloiiee e eeeeneneeneennnn.
Lovi giai
. S s 12+1
bat a=5,b=12,c=13. Nura chu vi cia tam giac la: p :5+—2+3=15

Dién tich cua tam giéc la:

S =./p(p-5)(p-12)(p-13) = 15(5-5)(15-12)(15-13) = 30.
Céch khac: vi 5% +12° =13% nén tam gidc di cho vudng, S = %-5-12 =30

Puong cao ung vaéi canh 16n nhat 1a: h, = 25 _230_00 :
c 13 13

Cau 34. Tam gidc ABC vudng can tai A va noi tiép trong duong tron tim O ban kinh R . Goi

r 13 ban kinh dudng tron noi tiép tam giac ABC. Tinh ti s6 R
r

b

Traloiieeeeeeeenennnnnn.

Lo giai

59



a2

Gia st ABzACza:>BC=a\/§:>R:T.

AB-AC 2a+ayJ2 a? a
N r="_or=

Mat khac S = pr =
' P 2 2 2 2++/2

Suyra$:1+\/§.

Cau 35. Tinhgéc C cuatam gidc ABC biét a=b va a(a’—c*)=b(b’-c?).

Lvi gii
a(a®-c’)=b(b*—c?) <> a’~b’—c*(a—h) =0

& (a-b)(a*+ab+b”)-c*(a—b)=0
& (a-b)(a*+ab+b*—c?) =0« a’+ab+b’—c* =0
s a’+b*-c*=-abviazb

a’+b’-c* -ab -1

= cosC = —.
2ab 2ab 2

Do d6 c=120°

Cau 36. Cho tam giac ABC, cac duong cao h,,h,,h, théa mén h¢ thic 3h, =2h +h,. Tim hé

thuc lién hé gitra a,b,c.

Traloiieeeeeeeneeennennnen.
Loi giai
Ki higu S = Syge Ta co: 3h, =2 +h, o> 225,25 3 2 1
a b c a b c
5 4 3

Céau 37. Cho tam giac ABC c0

——=——=——va a=10. Tinh chu vi tam giac do.
sinA sinB sinC
Loi giai

5 4 _3 _10_8 6 _a _8 _ 6
sinA sinB sinC sinA sinB sinC sinA sinB sinC '’

Theo dinh ly sin trong tam giac ta tinh dugc b=8,c=6.
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Chuvitamgiacla a+b+c=24.

Cau 38. Hinh binh hanh c6 mét canh 13 4 hai dudng chéo 13 6 va 8 . Tinh d6 dai canh ké véi

canh c6 d6 dai bang 4 .

Lo giai
Goi hinh binh hanh 1a ABCD. Goi E 1a giao diém hai dudng chéo. Gia sir AD =4,

A B

D C

AD’? + DE® - AE?
2-AD-DE

Xét AADE . Ta cO: cos ADE =

4 +4-3 23
2.4.4 32

Xét AABD. Ta cé: AB? = AD* + BD?—2-AD-BD-cos ADB = 4° +82—2-4-8-§:34

— AB=4/34.

Cau 39. Tam giac ABC c6 AB=1,AC =3, A=60". Tinh ban kinh dudng tron ngoai tiép AABC

Lovi giai
BC?=AC?+AB?2—2.AC-AB.cosA=3*+12—2.3-1.c0s60" =7 = BC =+/7

Talaico: BC _or—p-_BC __ VT 2
sin A 2-sinA 2-sin60 3

Cau 40. Cho tam gidc ABC nhon cd BC =3a va ban kinh dudng tron ngoai tiép tam giac

ABC la R=a+/3. Tinh sb do goc A.
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Loi giai
Ap dung dinh ly sin trong tam giac ABC, ta c6

BC =2R= smA—BC 3a \/§

sin A 2R 2a3 2
Suyra A=60 (dotam gidc ABC nhon).

Cau 41. Cho tam giac ABC nhon théa mén 2asinB =b/3. Tinh sé do goc A.

Traloiieeeeeeeennnnnn.

Lovi gii
Co asinB=Dbsin A nén 2asinB =b+/3 < 2bsin A=b/3 < sin A= =
Vay A=60 (Do ABC latam giac nhon).

CAau 42. Cho tam giac ABC c6 goc A=30" goc B=45" Tinh ny

b

Traloii...oeeeennnnnnne.
Lovi giai
s=lanh-lon=MD
2 . a
1
a b b sinB _sin45 f b
Theo dinh Iy sin ¢6: —— = —— = —= vay b7
y sihnA sinB a sinA sin30° 1 =2. Y h a
2

Cau 43. Hai chiéc tau thuyén cling xuat phat tir mot vi tri A, di thang theo hai hudng tao Voi
nhau gc 60°. Tau B chay vai toc d6 20 hai i mot gio. Tau C chay voéi toe @6 15 hai li mot

gio. Sau hai gio, hai tau cach nhau bao nhiéu hai li?
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Lo giai

Sau 2 gio tau B di duoc 40 hai li, tau C di duoc 30 hai i,

B
Vay tam giac ABC c6 AB=40,AC =30 va A=60".

Ap dung dinh Ii cd-sin vao tam giac ABC, ta co:

2 =p?+c®-2bc-cosA

=30%+40%-2-30-40-cos60" =1300
= a~36.

a

Vay sau 2 gio hai tau cach nhau khoang 36 hai i.
Cau 44. Pé do khoang cach tir mot diém A trén bd song dén géc cay C trén cul lao gitra song,
ngudi ta chon mot diém B cuing & trén bo vai A sao cho tir A va B cd thé nhin thiy diém C.

Ta do duoc khoang caich AB=40m, CAB =45 ,CBA=70". Viy sau khi do dac va tinh toan

khoang cach AC bang bao nhiéu mét?

Lo giai

63



Taco: C=180-A—-—B =65

Ap dung dinh Ii sin vao tam gidc ABC ta co

_AC _ AB — AC— AB_-smB _ 40:5|n700 ~ 41 47m.
sinB sinC sinC sin 65
Vay khoang céch gitra A va C khoang 41,47m.

Cau 45. Turvitri A ngudi ta quan sat mot cay cao (hinh vé). Biét AH =4m,

HB = 20m, BAC =45 . Tinh chiéu cao cia cay?

Lo giai
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Trong tam giac AHB, ta co

tan ABH =ﬂ=i=1:> ABH ~1119.
BH 20 5

AB =+/AH? + HB? = 4/26.

Suy ra ABC =90"—1119 =78°41 .

Suy ra ACB=180"—(BAC + ABC)=5619 .

Ap duyng dinh Ii sin trong tam giac ABC, ta duoc:

AB CB  _ cg-ABSNBAC 17 33m

sin ACB - sin BAC sin ACB

Cau 46. Gia st CD=h la chiéu cao cua thap trong d6 C 1a chan thap. Chon hai diém A, B
trén mat dat sao cho ba diém A B va C thang hang. Ta do duoc AB=24m,

CAD =63",CBD =48". Tinh chiéu cao h cua thap?

D

=

el T |
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Lo giai

Tac6 a=D,+8=D,=a— =63 -48 =15

Ap dung dinh Ii sin vao tam giac ABD, ta c6

tAD _ -AB — AD - AB.-S|n/3’=24-_sm£:r8
sinf sinD, sin D, sin15

~ 68,91m

Trong tam giac vuéng ACD, c6
h=CD = AD-sina ~68,91m.
Vay chiéu cao cua céi thap khoang 68,91m.

Cau 47. Trén ndc mot toa nha c6 mot cot angten cao 5m. Tir vi tri quan sat A cao 7m S0 Vi
mat dét, cd thé nhin thdy dinh B va chan C cua cot dng-ten dudi goc 50° va 40° so Voi

phuong nim ngang. Tinh chiéu cao cua tda nha?

Lovi giai
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Tur hinh Vg, suy ra BAC =10’
va ABD =180" —(BAD + ADB) =180 —(50" +90" ) = 40’

Ap dung dinh Ii sin trong tam giac ABC, ta co

BC  AC
sinBAC sin ABC

_ BC-sinABC _ 5-sin40°

= AC - 5
sin BAC sin10

~18,5m

Trong tam giac vuéng ADC, ta c6 sinCAD = % = CD=AC-sinCAD =11,9m.

Suyra, CH=CD+DH =11,9+7=18,9m.
Vay chiéu cao cua toa nha khoang 18,9m.

Cau 48. Xac dinh chiéu cao ciia mot thap ma khdng can 1én dinh cua thap. Dat ké giac thang
dang cach chan thap mot khoang €D =60m, biét chiéu cao cua giac ké 13 OC =1m. Quay thanh
giac ké sao cho khi ngam theo thanh ta nhin thay dinh A cua thap. Poc trén giac ké sé do cua

g6c A0B=60". Tinh chiéu cao ciia ngon thap?
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B (NO
D C
Traloiieeeeeeeeeeennnnnnen.
Lo giai
A
B 0
D C

Tam gidc OAB vuong tai B, co

tan AOB = % — AB =tan 60".0B = 60~/3m.

Vay chiéu cao ciia ngon thap l1a
h=AB+OC = (60/3 +1) =105m.

Cau 49. Tirhaivitri A va B cua mot toa nha, ngudi ta quan sat dinh C caia ngon nui. Biét
ring 46 cao AB =70m, phuong nhin AC tao voi phuong ndim ngang goc 30°, phuong nhin BC

tao v6i phuong nam ngang goc 15730 . Ngon nui d6 ¢6 d6 cao so voi mit dat 12 bao nhiéu mét?
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Lo giai

Tir gia thiét, ta suy ra tam giac ABC c6 CAB=60", ABC =105'30 va AB =70.
Khi 36 A+B+C =180

& C =180 — (A+ B)=180" —16530 =14°30.

Theo dinh li sin, ta c6

_A_C_A_B: AC :wz269,4m.
sinB sinC sin14 30

Goi CH la khoang cach tir C dén mat dat.

Tam gi4c vubng ACH c6 canh CH ddi dién véi goc 30" nén:
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CH = AC -sin30° :A—;:£§’4:134,7m.

Vay ngon nui cao khoang 135m.

Cau 50. Gia st ching ta can do chiéu cao CD cua mot cai thap voi C 1a chan thap, D 1a dinh
thap. Vi khong thé dén chan thap duoc nén tir hai diém A, B cd khoang cach AB =30m sao cho
ba diém A B,C thang hang, nguoi ta do dugc cac goc CAD =43°, CBD =67 (nhu hinh v&

trén). Hay tinh chiéu cao CD cua thap?

D
43° 67°
A 30m B C
Traloiieeeeeeeeennnnnn.
Loi giai
D
43° 67°
A 30 m B C
_ DB —_ AB :>BD:30_Sm403
sin DAB sin ADB sin 24

30sin67 sin43’ N

- . 46m
sin 24

Lai co cb =sin67 = CD =DB-sin67 =
DB
Vay chiéu cao cua thap xap xi 46m.
CAu 51: Cho tam giac ABC ¢6 AB =4, AC =6, A=120° Tinh d6 dai canh BC
Loi giai
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BC? = AB? + AC?-2AB.AC.C0sSA = 6° + 4° — 2.6.4.c0s120°

=62+42—2.6.4%1=76:> BC =+/76 = 24/19.

Cau 52: Cho tam gidc ABC c6 a=7;b=8;c=5.Tinh A S,h,R.

y g

Lo giai

2 2.2 2 2 92
+ cosA=b +c -a =8 o7 =1 = A=60° .
2bc 2.85 2

+S =%b.c.sin A=%.8.5.sin 60° =10+/3 .

_ 25 _210V3 203
: .

+ Ta co: S:Ea.h =h
2 7 7

a a

Tach: S ab.c R abc 785 _ 73 |
4R 4S  410J3 3

Cau 53: Cho tam gidc ABC c6 d6 dai ba canhla AB=2, BC =5, CA=6. Tinh d6 dai dudong trung

tuyén MA, véi M 13 trung diém ctia BC.
Lovi giai

Ap dung cong thirc tinh d6 dai trung tuyén ta cé:

MA_\/ABZ+AC2_BC2 _\/22+62_§_ﬁ

2 4 2 4 2

Ciu 54: Tam gidc ABC vudngtai A c6 AC=6 cm, BC =10 cm. Tinh ban kinh dwong tron néi

tiép tam gidc ABC .
Loi giai

Do tam giac ABC vuéngtai A c6 AC=6cm, BC =10cm nén

AB =+/BC? — AC? =+/10>—6° =8.

Dién tich tam giac ABC la S,,,. = % AB.AC =24.

2Syec 224

AB+BC+CA 6+8+10
71
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Cau 55: Cho tam gidc ABC c6 b=7, c=5, cosA= g Tinh d6 dai dwong cao h, ctia tam giac ABC.

Lovi giai

B¢ v *C
. z N 7 2 2 2 3_ p— '\/7
Theo dinh li ham cos ta cé a®* =b* +c¢ —2bccosA=49+25—2.7.5.g—32:>a—4 2.
Ta lai co: cosA:E:sinA:ﬂ.

Dién tich tam gidc ABC 13 S, =%bcsin A= %.7.5.% =14,

2S.ec _ 28 _T\2

< 1 A
VIS, e :Ea.ha nén h, = . 22 =
Vay ha:¥.

Cau 56: Cho tam giac ABCc6 a=13,b=8,c=7.Tinh géc A, suyra§, ha R, r, ma

Loi giai
2, .2 a2
a’=b’+c’ —2bccosA:>cosA=b+2CTa:_%:> A=120°

5= %bcsin A= %56.? _1443

s_Lap o 2 288

2 a 13

abc abc 7.8.13 133
S:—:> = = =

4R 4S 4143 3
S = prosr— 25 2143 A

at+b+c 7+8+13
mz_b2+c2 a’ . 57

¢ 2 4 °2
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Cau 57: Cho tam gidc ABC'c6 AB =4, AC =5 vacosA = g Tinh canh BC, va d6 dai dwong cao
ké tir A.
Loi giai

Ap dung dinh li cosin ta c6

BC? = AB® + AC? —2AB.AC.cos A = 4* + 5° —2.4.5% — 17 Suyra BC = 17

Visin? A4 cos’ A =1 nén sinAd =1 — cos’ A = l—gzg

Theo cong thirc tinh dién tichtacé S,,, = ABAC sinA = % 4.5. % =8 (1)
Matkhéc 5, = o _1 «/_ 7h, (2)

Tw (1) va (2) suy ra %.\/ﬁ.hﬂ =8=h = 16f

Vay do dai duomg cao ké tir Ala b, — 161\/?

Cau 58: Cho tam giac ABC 6 AB=10, AC =4 va A= 60°,

a) Tinh chu vi ctia tam giac
b) Tinh tanC

Loi giai

a) Theo dinh li c6sin ta c6

BC* =10* + 4% —2.10.4¢c0s60° = 76
= BC ~ 8,72

Suy ra chu vitam giacla 2p ~ 10+ 4 + 8,72 = 22,72

b) (Hinh 2.23a)
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LI PPN POe Bia To PN

Ké dwong cao BH ta c6

AH = ABcos60’ =5
—~ HC=5-4=1

BH = AB.sin60° = 5v/3.Vay tanC = —tan BCH = —Z—g =53

Cau 59: Giai tam giac ABC biét A = 60°, B = 40° va ¢ = 14,
Loi giai

Tacoé C =180° — A — B = 180" — 60" — 40" = 80°

Theo dinh li sin ta c6

csinA  14.sin60°
sin C sin 80°

=a~12,3

. . 0
b:CS.lnB:14.Sln40 b~
sin C' sin 80°

Cau 60: Giai tam giac ABC, biét:
b =4,5; A= 30% C =715

Lovi giai
Tacé B=180" - A—-C =180" —30° — 75" = 75" = C
suy ra tam giac ABC cantai A=c=b=4,5.
Theo dinh li sin ta cé

" bsin A 4,5.sin 30"
sin B sin 75"

= a~ 233.

Cau 61: Cho tam gidc ABC cin tai A biét a = J3: B=C =30°. Tinh R, 1, canhc, b, suyra$S
Loi giai
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Ap dung dinh li sin:

a a J3
& _RmR=—2 -V
sin A 2sin A 2@

2

|
N
X

—b=c=2Rsin30° =1

B3

S :lb.csin A=—
2 4

3 f(2 B).

Cau 62: Cho tam giac ABC ndi ti€p dwong tron ban kinh bang 3, biét A = 30°, B = 45°. Tinh d6
dai trung tuyén ké tir A va ban kinh dwong tron ndi ti€p tam giac.
Lovi giai

Tacoé C =180 — A— B = 180" — 30" — 45" = 105"

— 32

v |5

Theo dinh lisintaco @ = 2Rsin A = 2.3.sin30" = 3, b = 2Rsin B = 2.3.sin 45" = 6.

¢ = 2RsinC = 2.3.sin105" ~ 5,796

A , . x , 2 0°+c® —a®> 2 18+5,796° —9
Theo cong thirc dwong trung tuyén ta cd m’> = 1 ~ 1 = 23,547

Theo cong thirc tinh dién tich tam giac ta co

bc sin A
2p

Sipe = DT = EbcsmA =7

 34/2.5,79655in 30"
3+ 332 + 5,796

~ 0,943

Cau 63: Tinh do6 dai canh x trong cac tam giac sau:

a) b)
Lovi giai
a) Ap dung dinh Ii cosin, ta cé:
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x* =6,5* +5%—-2.6,5.5-c0s72° ~ 47,16
< X~ 6,87

b) Ap dung dinh Ii cosin, ta cé:

2 2
X =(éj +(%) —2%-%@05123" ~ 0,224

& X~0,473
Cau 64: Tinh do dai canh c trong tam giac ABC & Hinh 14.

)

" 12 A

Hirky 14

Loi giai
Ap dung dinh li sin, ta cé:
_ c _ _12 :>C=12-_sm105 ~337
sinl05°  sin35° sin35°

Cau 65: Cho tam giac ABC, biét canha = 152, B =79°, C = 61°. Tinh cac géc, cac canh con lai va ban
kinh dwong tron ngoai ti€p ctia tam giac do.
Loi giai

Pit AB=c,AC =b,BC =a.
Ta c6: a=152;A=180°—(79°+61°)=40°

Ap dung dinh li sin, ta cé:

a b ¢
sinA  sinB sinC

Suy ra:
AC —b— a-_slnB _ 152_-sm79 ~232.13
SINA sin40°
AB —c— a-§|nC _ 152_-sm61 ~ 206,82
SINA sin40°
R= 2 _ 192 53547
SINA  sin40°
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Cau 66: M6t cong vién cé dang hinh tam gidc v&i cac kich thwéc nhw Hinh 15. Tinh sé do cac goc

cua tam giac do.

B 800 m (&
Lovi giai
bat a=BC,b=AC,c=AB
Ta c6: a=800,b=700,c=500.
Ap dung dinh i cosin, ta cé:
2 2 _ 2 2 2 _ 2 2 2 _ 2
COSA=b+C—a;COSB =m;cosc =M_
2bc 2ac 2ab
Suy ra:
2 2 _ 2 R . .
cosA = 00 +500° 800" _ 1 2 g14712 44
2.700.500 7
2 r 2 )
cosB = 500° +800° — 700 213 8- 60
2.500.800 2
2 2 _ 2 R . .
cosC = 200" +700°=500" _11_ s _ 354547 56

2.800.700 14
Vay A=814712,44":B=60";C =381247,56 .

Cau 67: Tinh dién tich mét 14 co hinh tam gidc can cé d6 dai canh bén thanh 1a 90 cm va géc & dinh

la 35°.

Hinh 1&

Lovi giai
Ki hiéu cac diém A, B, C nhuw hinh trén.

Tir gia thiét ta c6: AB=AC =90, A=35’
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Ap dung cong thirc S = %bcsinA, taco: S =%-90.9o.csin35° ~2323( cm?)

Cau 68: Cho tam gidc ABC c6 AB=6,AC=8va A=60°

a) Tinh dién tich tam giac ABC.

b) Goi I 1a tAim dwong tron ngoai tiép tam giac ABC. Tinh dién tich tam giac IBC.
Loi giai

bat a=BC,b=AC,c=AB.

£_12f

Ap dung cong thtrc S :%bcsinA,ta c0: Sy = ; -8-6-sin60° =

Nll—\

b) Ap dung dinh Ii cosin cho tam giac ABC ta duoc:

BC®>=a*=8*+6>-2-8-6-c0s60° =52

— BC =213

Xét tam giac IBC ta co:

Goc BIC =2-BAC =120". (gbc & tAm va goc ndi tiép cliing chan mot cung)\

IB=IC=R=-2 ENE 4*@.
SinA ﬁ 3
2
1 4439 4J_ 524/3
:SIBC ET 120— 3

Cau 69: Cho tam gidc ABC c6 trong tim G va d6 dai ba canh AB, BC, CA lan lwot la 15, 18, 27.
a) Tinh dién tich va ban kinh dwong tron noi ti€p tam giac ABC.
b) Tinh dién tich tam giac GBC.

Loi giai

a) bat a=BC,b=AC,c= AB.
, 1
Ta co: p:§(15+18+27):30

Ap dung cong thirc heron, ta c6:

Sec =+/30(30-15)(30-18)(30-27) =904/
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var=S_ 02 .5
p 30

b) Goi, H,K 1lan lwot la chidn dwong cao hatir A va G xuéng BC, M la trung diém BC.
G la trong tam tam gidc ABC nén GM = % AM

:GK:%-AH

1 1
= Scec =3 Shac =§-90J§=30J§.

Xét tam giac IBC ta co:

Goc BIC =2.BAC =120° (goéc & tAm va goc ndi tiép cing chin mot cung)

a 213 439

IB=IC=R= =
sinA @ 3
2
g 1439 439 . 523
B2 3 3 3

Cau 70: Cho ha la dwong cao vé tir dinh A, R 1a ban kinh dwong tron ngoai ti€p tam giac ABC. Chirng
minh hé thirc: ha = 2RsinBsinC.
Loi giai
bat a=BC,b=AC,c=AB
AH h,

Taco: sinC=——=-"2=nh, =b-sinC
AC b

Theo dinh Ii sin, ta cé: LB =2R=b=2R.sinB = h, =2R-sinB-sinC
sSin

Cau 71: Cho tam gidc ABC c6 goc B nhon, AD va CE la hai dwong cao

BD.BE
BABC'

a) Chirng minh Seoe

BAC
b) Biét rang Sasc = 9Sepe va DE = 2 J2 . Tinh cosB va ban kinh dwong tron ngoai ti€p tam gidc ABC.

Lovi giai
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. 1 :
a) Ap dung cong thirc S = Eac. sinB cho tam giac ABC va BED, ta cé:

‘BE-BDsinB g op

1 1 Seep _ _
g BA: BC

S sc :E-BA-BC-SinB;SBED :E.BE-BD-SinB =

ABC

-BA-BC -sin

N RN

b) Ta c6: cosB =% = BE
BA BC

My Seeo _1_ BD BE 1

= —— =
Sec 9 BA BC 9

— cos B—BD BE 1

BA BC 3
+) Xét tam giac ABC va tam giac DEB ta cé:

BE BD 1
——=——=— vagoc B chung
BC BA 3

= AABC ~ ADEB (cgc)

DEl

= —=-= AC=3DE=32/2-6
e V2=612.

242

2
Ta c6: cosB =%:>sinB = 1—(%) =— (do B la goc nhon)

Ap dung dinh i sin trong tam gidc ABC ta cé:

AC _R=R- 6V2 ,_9
sinB 2[ 2
3

Cau 72: Cho t¥ gidc 16i ABCD c6 cac dwong chéo AC = x, BD =y va géc gitra AC va BD bang a. Goi S
la dién tich caa tr giac ABCD

a) Chirng minh S = %xysina.

b) Néu két qua trong trweong hgp AC L BD
Loi giai

Goi O la giao diém cua AC va ABCD
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a) Ap dung cong thirc S = %ac. sinB, ta co:

Somo :%.OAOD-sina; Sorc =%...OB'OC-sina
Sons =E-OA-OB-sin 180" -« ); Soep =1.OD-OC-sin 180°—a).
2 2
Ma sin(180° —a ) = sina
1 1

= SOAB :EOAOBS“']O{, SOCD :EODOCS"]CX

= Sppep = (SOAD + Soas ) + (SOBC +Soco )

~OA'sina-(OD+OB)+%'OC -sina-(OB+0D)

-OA-sina - BD+%-OC-sina- BD

.BD-sina-(OA+0C)

NI, N, NP NP

-AC-BD-sina:%-x-y-sina.

b) Néu AC L BD thi & =90° = sina =1.
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