MUC LUC

§2 - VI TRI TWONG POI GITA HAI PUONG g 5 1N (R 2
GOC VA KHOANG CACH..c.ccvvvmmmmsmsmmmssssssssssssssssssssssssssssssssssssssssssssss s ssssssssssssssssssssssssssss 2
(). TOM LAE KIBN ThUC ©vveevreee et eeeeeeeeeee e e eeee et e et aseaeesseseessesseseesseaseessessesesseseesseseeaseaseesseeeseesseseestestesreaneereenes 2
I T A =21 10 R 2T AT 3
(@ 1 Lo TN 2Y= 12 WO 14
(D). CAU MBI tTAC NBRIBM ...ttt ettt et et e et e et et e et e n e et e e e e e et et e e e s e eeeeens 29



§2 — VI TRI TUONG POI GIUA HAI PUONG THANG,

Il GOC VA KHOANG CACH

@. Tém tat kién tharc

°)

@. VI TRi TUONG DPOI GITA HAI PUONG THANG

&

Trong mit phing véi hé toa @6 P, cho hai dwong thing diax+by+c =0,

dy:ax+by+c, =0 payer vi tri twong d6i cda hai dwong thang nay ta xét s6 nghiém clia hé

ax+by+c =0

ax+by+c, =

phwong trinh { 8 (0.1)

Néu hé (1.1) c6 duy nhit 1 nghiém ta néi hai dwong thang trén cat nhau toa do giao di€ém chinh

la nghiém ctia hé phwong trinh néi trén.
o A (11) o A s A 2 e L
Néu hé vO nghiém ta noi hai dwong thang noi trén song song véi nhau.

~ 1A (1.1 o . L Lot A 2 A e
Néu hé ( ) nghiém ding véi moi X € R thi hai dwong thang trén trung nhau.
Tuy nhién dé€ thuan tién cho viéc xét nhanh vi tri twong déi cua hai dudng thang ta chii y nhan

xét sau

a,b,c, #0

Nhan xét. Néu ta cé

ﬂii@dlﬁdz={]}
@. % b,

4 b8 wda,
. % b, ¢

4 b—‘:ﬁ<:>d =d
©. @ b, «¢, b




© ) N
@. GOC GIT'A HAI PUONG THANG

5 Trong mit phing v&i hé toa do P, cho hai dworng thing dax+hy+=0 .

G 1% +D0,)+C; = O. Khi d6 gdc gitra hai dwong thing dwoc tinh theo cong thirc.

’”1 1,

)=
i

B ‘ala2 + blb2|

cos(d;d — =
(i, n, \/af+b12\/a§+b§

©. KHOANG CACH

5 Trong mit phing v&i hé toa dd @, cho dwomg thing 2+ +¢=0 y3 gigm

Khi d6 khodng cach tir diém M, gen duong thang A dwoc tinh theo cong thirc:

Mo(x();yo)

d(MO;A) _ |ax0 +by, +c|
Ja' +b°
®. Trac nghiem D/s
Caul. Céac ménh dé sau dung hay sai?
Ménh dé Pung | Sai
a) | d:x+4y-1=0 cit d,:2x—3y+5=0;
2 m =5+ ong son 8X+6y+1=0
; song song m, :8x+6y+1=0.
| y =—5—4t gsong m, y
C) X=1+t . X=2+2k o ,
: trung a, : (vé6i t,k la cac tham so).
y=-3+3t y =6k
d) | A, :x+y-1=0va A, :x+2=0; gdc giira hai dwong thang A, va A, 1a 30",
Cau 2. Cho hai dudng thang A, :2x+y+15=0 va A, :x—2y—3=0. Cac ménh dé sau dung hay sai?
Ménh dé Piing | Sai
a) | A, c6 vecto phap tuyén fi, = (2;1),A, c6 vecto phap tuyén fi, = (1,-2).
b) | Hai duong thang A, A, cit nhau.




c)
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A, A, cit nhau tai (—— -,

d)

A, A, vudng goc vai nhau.

: X =2+5t X =7+5t
Cau 3.  Cho hai duong thang A, :{ va A { N

y =3—6t 2

.. C4c ménh dé sau ding hay sai?

y =-3+6t

Ménh dé

Ping

Sai

a)

Hai duong thang A, A, 1an lugt c6 vecto chi phuong G, = (5,-6) , U, = (5;6)

b)

Hai dudng thang A, A, song song

c)

M (7;3) latoa do giao diém hai duong A,,A, .

d)

A,,A,vubng goc vai nhau.

Cau 4. Cac ménh dé sau dung hay sai?

Ménh dé

Dung

Sai

a)

d,:x++/3y=0,d,:x+10=0 c6 (d,,d,)=45°.

b)

d,:2x+23y++/5=0,d,:y—6=0c6 (d, d,)=60°

c)

X=4+2t i
{ va A, :3x+2y-14=0 co (A,,A,)=30°

Yy =1-3t

d)

A :Xx=3y+3=0va A,:x-3y-5=0c0 A, //A,

Cau5. Cac ménh dé sau dung hay sai?

Ménh dé

Dung

Sai

a)

b)

X=2t

M(4;—5);{ o KNI 0 d(M,A) =213

c)

A iTX+y-3=0va A,:7x+y+12=0 co A,/ /A,

d)

A Tx+y—-3=0va A, :7x+y+12=0 khido d (A, A,) =

i

Cau6. Cho A :x-y-3=0,A, :{

y=2+2t

. C4c ménh dé sau ding hay sai?

Ménh dé

Dung

Sai

a)

A, cb vecto phap tuyén fi, = (-1 —-1)




b) | A, co vecto phap tuyén i, = (2;-1)
C) | Hai duong thang A,, A, cat nhau.
d) A,, A, cat nhau tai diém co toa do G—%J
R X=3-t x=1+2t" N .
Cau7. Cho A;: A, ,. Cac mé¢nh dé sau ding hay sai?
y=2-t y=1-3t
Ménh dé Piing | Sai
a) | A, ¢6 vecto chi phuong U, = (-1;-1)
b) A, c6 vecto chi phuong uj =(2;-3)
C) | Hai duong thang A,,A, song song.
d) A,, A, cit nhau tai diém c6 toa d¢ G%)
Cau 8. Cac ménh dé sau dung hay sai?
Ménh dé Piing | Sai
a) | d,:2x-y-10=0 va d,:x-3y+9=0 c6 (d,,d,)=45°.
b) | d,:x+2y-+2=0vad,:x-y=0c6 (d,,d,)~71565°.
c x=15+12t
) d, :3x+4y+1=0vad,: c6 (d,,d,)~59,49°
y=1+5t
d) | A :—x-2y+4=0,A,:2x+4y-11=0 c6 (A,,A,)=60°
Cau 9. Céac ménh dé sau ding hay sai?
Ménh dé Piing | Sai
a)
A(-3;-1),A:2x—y+11=0 khi d6 d(A,A) :¥
b) | A(0;2),A trung véi truc Ox khidd d(A,A)=3
c) | A=0,A:3x+4y—225=0 khidé d(A A)=45
d) x=1 )
A(-L4),A " khidé d(AA)=3
y=2+3t
Cau 10. Cho duong thang d : x+2y—1=0. C4c ménh dé sau ding hay sai?
Ménh dé Piing | Sai




d cét A, :—x+3y =0 tai A(iEJ
55

d//AZ:y:—%x+3

c) | d//A,:3x+6y+3=0

d) | d trung véi A, :2x+y-1=0

Cau 11. Cac ménh dé sau dung hay sai?

Ménh dé Ping

Sai

a) | d,:4x-10y+1=0 cat d,:x+y+2=0.

b) | d,:12x-6y+10=0 cit d,:2x—y+5=0.

C) X = —6+ 5t

d. :8x+10y—-12 =0 trungd, : )
5 y gd; {y=6—4t

d) {x:—1+t X=2-2t
d,: song song d, : .
y=-2-2t y=—-8+4t

LOI GIAI

Caul. Xac dinh tinh dang, sai cia cac khang dinh sau:
a) d,:x+4y-1=0 cat d, :2x-3y+5=0;

X=5+3t
by m : song song m, :8x+6y+1=0.
) m {y:—5—4t g g m, +0Yy+

) X=1+t tring a x=2+2k( Gtk 1A cac th )
) a: ring a, : véi t,k 13 cac tham sd).
% y=-3+3t 9 % y = 6Kk © ©

d) A, :x+y—1=0 va A, :x+2=0; gdc giita hai duong thang A, va A, la 30",

Lovi giai

a) Ping b) Piling ¢) Pung d) Sai

a) Hai duong thang d, va d, cit nhau.




b) Pudng thang m, song song véi duong thang m, .
¢) Hai duong thang a, va a, tring nhau.
d) Goc giita hai duong thang A, va A, 1a 45,

Cau 2. Cho hai duong thing A, :2x+Yy+15=0va A, :x—-2y—-3=0. Khi do:

a) A, c6 vecto phap tuyén i, = (2;1),A, c6 vecto phap tuyén fi, = (1,-2).

b) Hai duong thang A, A, ct nhau.

c) A,,A, cat nhau tai (—z;—z—lj.
4 4
d) A;,A, vubng goc vai nhau.
Lovi giai
a) Pung b) Pung c) Sai d) Ping

A, c6 vecto phap tuyén fi, = (2;1), A, co vecto phap tuyén fi, = (1, -2).

Vi 2. (-2) #1.1 nén hai vecto trén khong cliing phuong, suy ra hai duong thang A, A, cit nhau.

27
X=——
2X 15=0 . .
Xét hé: Ty & o .Vay A, A, cat nhau tai —g;—z—1 .
Xx-2y-3=0 _ 2 5 5
5

Mat khac : i, -, =2-1+1-(-2) =0. Vay d, va d, vudng goc véi nhau.

Cau 3. Cho hai dudng thang A, : Va A, .. Khi do:
y =-3+6t

X =2+5t {x:7+5t'
y =3-6t

a) Hai duong thang A, A, lan lugt c6 vecto chi phuong U, = (5,-6) , U, = (5;6)

b) Hai duong thang A,, A, song song

c) M (7;3) latoa do giao diém hai duong A, A, .

d) A;,A,vudng goc véi nhau.




Lovi giai

a) Ping b) Sai c) Sai d) Sai

Hai duong thang A, A, lan lugt c6 vecto chi phuong U, =(5-6), U, =(5;6) voi 5.6 #—6.5 nén hai vecto nay

khong cling phuong. Vi vay hai duong thang A,, A, cét nhau.

. 2+5t=7+5t 5t—5t =5 t=1 . o ,
Giaiha |- > o o1 7T S M(7;-3) latoa do giao diém hai duong A, A, .
3-6t=-3+6t  |-6t—6f =6 |t =0

Taco: G, =(5,-6),U, = (5;6)0, U, =5.5-6.6 =—11+ 0. Suy ra hai dwong thang di cho chi cat nhau ma khéng

vuong goc.

Cau 4.  Xét tinh dung, sai ciia cac khang dinh sau:

a) d, : x++/3y=0,d,:x+10=0 c6 (d,,d, )= 45°.

b) d, :2x+2y/3y++/5=0,d,:y—/6 =0 co (d,,d,)=60°

X=4+2t ,
C) A;: y=1-3t va A, :3x+2y-14=0 cb (A,,A,)=30°

d) A :x-=3y+3=0va A,:x-3y-5=0c¢0 A, //A,

Loi giai

a) Sai b) Sai c) Sai d) Pung

a) Hai duong thing d,,d, c6 cap vecto phap tuyén A, = (L+/3),A, = (L;0).

Nof 114301 1 g (d d,) =600,

|- |n2| J1+3:-41+0 2

Vivay cos(d,,d,)=

b) Hai duong thing d,, d, c6 cip vecto phap tuyén A, = (2;2+/3),, = (0;1).

-, 120+23-1] 3

~— . Suyra (d,,d,)=30°.

2
| i, Va+12.Jo+1 2

Vivay cos(d,,d,)=

c) A, c6 vecto chi phuong U, = (2;—-3) nén co mot vecto phap tuyén fi, = (3;2) ;
A, ¢6 mt vecto phap tuyén fi, = (3;2).

Taco : 3.2=2.3 nén hai vecto phap tuyén nay cung phwong nhau.
8



Mat khac diém A(4;1) ed, va Aed,. Vay A, A, tring nhau.

d) Hai dudng thang A,, A, lan lugt c6 vecto phap tuyén i, = (1, -3), fi, = (1;—3) v&i 1.(-3) =—3.1 nén hai vecto
nay cung phuong.

Mat khac : A(0;1) e A, ma Ag A, nén hai duong thang nay song song nhau.

Cau5. Xac dinh tinh dung, sai cta cac khang dinh sau:

a) M(2;-1);3x—4y—-12=0 khi d6 d(M,A) =§

t
o Khi 0 d(M,A) =213

X =
b) M (4;—5);{
y=2+

C) A :7Xx+y—-3=0vaA,:7x+y+12=0 c6 A, //A,

d) A, :7x+y-3=0va A,:7x+y+12=0 khi d6 d(Al,AZ):%
Loi giai
a) Sai b) Piling ¢) Pung d) Sai
a) Taco: d(M,A):|3'2_4'(_1)_12|:E_
32+ (—4)? S
. X =2t X y-2
b) Taco A: >A—=—=A:3x-2y+4=0.
y=2+3t 2 3
Do dé: d(M,A)= 2422 (D) +4] 5 a3
3+ (-2)?

¢) Ta dé dang chimg minh duoc A, //A,. Tacod M(0;3) €A, .

d)Khi 46 d(A,,A,)=d(M,a,)="0F3+12]_ N2,

7% 412 2
A X=1- .
Cau6. Cho A;:x-y—-3=0,A,: . Khi do:
y=2+2t

a) A, co vecto phap tuyén i, = (=1 —1)



b) A, c6 vecto phap tuyén fi, = (2;-1)

c) Hai duong thang A, A, cat nhau.
9 Y . ~ (7T 2
d) A, A, catnhau tai diém co toa do E;—g .

Loi giai

a) Ping b) Sai c¢) Dung d) Sai

A, A, €0 cap vecto phap tuyén n =(-1-1),n, =(2;1) véi —1.1#—1.2 nén hai vecto nay khong cung phuong.

Do d6 hai duong thang A, A, cat nhau. Thay phuong trinh A, vao phuong trinh A, : (1—t)—(2+2t)-3=0
4
<:>—3t—4=0<:>t=—§:>

Vay A,, A, citnhau tai diém co toa do G—%j

Khi do:

X=3-t Xx=1+2t
y=2-t" %

Cau7. Cho Al:{ A,: y=1-3t"

a) A, co vecto chi phuong uj =(-1-1)

b) A, c6 vecto chi phuong u—2 =(2,-3)

¢) Hai duong thang A,, A, song song.

d) A,, A, citnhau tai diém c toa do (g%)

Loi giai

a) Pung b) Pung c) Sai d) Sai

A, A, c6 cap vecto chi phuong U, = (-1 -1),U, = (2;,-3) voi —1. (=3) #—1.2 nén hai vecto nay khong cung

phuong. Do d6 hai duong A, A, cit nhau.

3-t=1+2t —t-2t =-2
=

Xét h¢ hai phuong trinh A, A, V&i R ,
2—-t=1-3t —t+3t =-1

10



. Vay A, A, cit nhau tai diém c6 toa do g%)

Cau 8. Xac dinh tinh dang, sai cua cac khiang dinh sau:

a) d,:2x—y-10=0 va d,:x-3y+9=0 c6 (d,,d,)=45°.
b) d,:x+2y—+2=0va d,:x—y=0c6 (d,,d,)~71565°.

Xx=15+12t

y1is (d,,d,)~59,49°

c) d :3x+4y+1=0va d, :{

d) A :-x—2y+4=0,A,:2x+4y-11=0 c6 (A,,A,)=60°

Loi giai

a) Pung b) Pung ¢) Ping d) Sai

a) Hai duong d,,d, c6 cip vecto phap tuyén fi, = (2;-1),f, = (1, -3).

CAeA 21431 5 _Q:(d ) 45°
11 ¥2 '

d,,d,)= = 52
cos(d,,d,) A Varli+ve 5/2 2

b) Hai duong d,,d, c6 cip vecto phap tuyén fi, = (;2),f, = (1;,-1).

-, j11-21] 1 \/1_02>

) 1
| V4+1-41+1 10 10

cos(dl,d2)=Iﬁl |
1

(d,,d,)~71,565°.

¢) Hai duong d,,d, c6 cip vecto phap tuyén fi, = (3;4),1, = (5,-12).

Am,|  35-412] 33
cos(d,,d,)= = =—=(d,,d,)=59,49°.
(o) n|-,|  +/9+16-+/25+144 65:( 10;)

d) A,, A, 0 cip vecto phap tuyén i, = (=1,—2), 1, = (2;4) véi —1.4=-2.2 nén hai vecto niy ciing phuong. Mit
khac A(4;0) e A, ma A(4;0) ¢ A,. Vi vay hai dudng thang A,, A, song song nhau.

Cau 9.  Xét tinh dung, sai ciia cac khang dinh sau:

a) A(-3;-1),A:2x—y+11=0 khi do d(A,A)z?

b) A(0;2),A trung vai truc Ox khido d(A,A)=3

11



c) A=0,A:3x+4y—-225=0 khidoé d(A,A)=45

-1
d) A(-1:4),A:0" khi do d(AA)=3
2+3t

Lovi giai
a) Ping b) Sai ¢) Dung d) Sai
&) Taco: d(a a)— |6+l _ 65
Ja+1 5
b) Ta c6 phuong trinh A:y =0 (trung v4i Ox ). Suy ra d(A /A) = % =2.
c) Ta co: d(A,A):M:%.
\V9+16
. 2 z . |_1_1|
d) Phuong trinh tong quat A:x—1=0.Suyra d(A,A) = N =2.
Cau 10. Cho duong thang d : x+2y—1=0. Khi do:
a) d cat A, :—x+3y=0 tai A(§;1j
55
1
b)dlhg:y=—§x+3
c) d//A,:3x+6y+3=0
d) d trung véi A, :2x+y-1=0
Loi giai
a) Ping b) Piling ¢) Pung d) Sai

a) Taco O # 3 nén d cat A,. Toa do giao diem cua d va A, la nghiém cua hé phuong trinh:

X+2y-1=0
—X+3y=0

|
U~ Olw

12



Vay d cit A, tai A(ilj
5'5

b) Az:yz—%x+3<:>x+2y—6:O.Tacé %zgi_—; nén d//A,

c) Ta

co £=z¢_—1 nén d//A,
3 6 3

d) d cit A, :2x+y—1=0

Cau 11. Xét tinh dung, sai ciia cac khang dinh sau:

a) d,:4x-10y+1=0 cat d,:x+y+2=0.

b) d,:12x—-6y+10=0 cit d, :2x—y+5=0.

. X=—-6+5t
c) d; :8x+10y—-12=0 trungd; : :
y=6-4t
X=-1+t X=2-2t
d) d,: song song d, : .
y=-2-2t y=-8+4t
Lo giai
a) Puang b) Sai c¢) Dung d) Sai

a) Ta co: %i—%.Véy d, cit d,.

b) Ta

12

-6 10

co: ?:_—1¢€Véy d3//d4

¢) Phuong trinh tong quét caa d, 1a: 4x+5y-6=0.

4 5

—6

Tacd: —=—=——.Vay d, =d,.

d) d,

Y

8 10

[ x=-1+t
Ty=_2

x=2-2t

y=-8+4t

-12

. €0 mét vec to chi phuong la @ =(1-2)

. di qua diém B(2;—8) va c6 mot vec to chi phuong 1a @ =(-2;4).

13




Tathiy u,,u, cung phuong va diém B(2;-8) thudc duong thing d.,. Vay d, =d,.

©. Tra 1i ngan

Caul. Choduongthing A:3x+4y—6=0 va A":x+y=1. Tim toa d6 diém M thudc A’ sao cho khoang
, <\ A N 4
cachter M den A bang 3

Traloi: .o

Cau 2. Viét phuong trinh duong thang d song song va cach dudng thang A:y—3=0 mot khoang cach 5 .

Cau3. Chotam giac ABC c6 phuong trinh duong thang chira cac canh AB, AC,BC lan luot Ia:
X+2y—-1=0;x+y+2=0;2x+3y—-5=0. Tinh dién tich tam giac ABC.

Traloi: ..o

Cau 4. Trong mit phang toa dd Oxy, cho diém 1(—2;4) . Tinh ban kinh cua dudng tron tam | tiép xuc véi

X=2+3t

duong thang A: {y oy (Lam tron két qua dén hang phan mudi).

Traloi: ..o

Cau5. Tim m dé hai dwong thang sau vudng goc véi nhau: A :x—my+1=0;A, :2x+3y+m=0.
Traloi: ..o

Cau 6. Trong mit phang toa dd Oxy, cho diém A(=2;5) . Tim toa d6 diém M trén truc hoanh sao cho
duong thang A:3x+2y—3=0 cach déu hai diém AM .

Traloi: ..o

Cau 7. Cho cac duong thang d,:x+y+3=0,d,:x—y—-4=0 va d,:x—2y=0. Tim toa d6 diém M trén
d, sao cho khoang cach tr M dén d, bang hai lan khoang cach tr M dén d, .

Traloi: ..o

Cau 8. Nha Nam c6 mét ao ca dang hinh chit nhat MNPQ véi chiéu dai MQ =30m, chiéu rong MN = 24m
. Phan tam gi4c QST 14 noi nuéi éch, MS =10m, PT =12m (v6i S, T lan luot 1a cac diém nam trén canh

MQ, PQ ) (xem hinh bén dudi).

14



N P
Nam dung & vi tri N cAu ca va cd thé quing ludi cau xa 21,4 m. Hoi ludi cau ¢ thé roi vao noi nudi éch hay
khéng?
Traloi: ...oooviii,
Cau 9. Timtham sé m dé cac duong thang sau ddy song song:
Ay :2x+(m*+1)y—3=0 va A, :x+my—100=0.
Traloi: ..o

Cau 10. Timthamsd m dé cac duong thang sau day song song:

X=8—-(m+1t
. va A, :mx+2y-14=0.
y =10+t
Traloi: ..o
R . L . . Xx=2-3t R ) .
Cau 11. Dbinh m deé hai duong thang A, :2x—-3y+4=0 va A, : y=1-4mt vudng goc vai nhau.
Traloi: ..o

Cau 12. Timgiatri m dé hai duongthang A, :3x+4y—-1=0vaA,:(2m-1)x+m’y+1=0

trung nhau?
Traloi: ..o

Cau 13. Cho hai dudng thang A, :x+y—-10=0 va A, :2x+my+999=0. Tim m dé goc tao béi hai duong
thang trén bang 45°.

Traloi: .o
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Cau 14. Viét phuong trinh duong thang A di qua M va cach déu cac diém P,Q véi M (2;5), P(-1;2),Q(5; 4)

Cau 15. C6 hai contau A, B xuét phat tir hai bén, chuyén dong theo dudng thing ngoai bién. Trén man hinh
ra-da cua tram diéu khién (xem nhu mit phang toa d6 Oxy voi don vi trén cac truc tinh bang ki-16-mét), tai thoi

diém t (gio), vi tri cuatau A c6 toa do duoc xac dinh bai céng thic { 4495t ;vitritau B cOtoa do la
y=-4+

(4—30t;3—40t) .

Tinh gan dung cdsin goc giita hai dudng di cua hai tau A, B.
Tralol: ...

Cau 16. CO hai contau A, B xuét phat tir hai bén, chuyén dong theo duong thang ngoai bién. Trén man hinh
ra-da cua tram diéu khién (xem nhu mat phang toa d6 Oxy voi don vi trén cac truc tinh bang Ki-16-mét), tai thoi

diém t (gio), vitri ciatau A co toa do duoc xac dinh béi cong thac { 4495t ;vitritau B cdtoado la
y=-4+

(4—30t:3—401).

Sau bao lau ké tir thoi diém xuat phat, hai tau gan nhau nhat?

Traloi: ..o,

Cau 17. CO6 hai contau A, B xuét phat tir hai bén, chuyén dong theo dudng thang ngoai bién. Trén man hinh
ra-da cua tram diéu khién (xem nhu mit phang toa d6 Oxy voi don vi trén cac truc tinh bang ki-16-mét), tai thoi

\ x=3-33t
diém t (gio), vitri ciatau A c6 toa do dugc xac dinh béi cong thic { A1 95t ;vitritau B cOtoa do la
y=-4+

(4—30t;3—40t) .

Néu tau A dung yén & vi tri ban dau, tau B chay thi khoang céch ngan nhét giira hai tau bang bao nhiéu?
Traloi: ..o

Cau 18. Vi gidtri nao cia m thi hai duong thang A, :2x—3my+10=0 va A, :mx+4y+1=0 cat nhau?
Traloi: ..o

Cau 19. Vi giatri nao cia m hai duong thang A, :mx+y—-19=0 va A, :(m-1)x+(m+1)y—20=0 vudng
goc nhau?

Traloi: ..o
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) . P . X=8+(m+t | ..
Cau 20. Tim m dé hai duong thang A, : y=10-t va A, :mx+6y—76=0 song song véi nhau.
Traloi: ...

A C ) : . X=2+2t
Cau 21. Véigiatrinao cia m thi hai duong thang A, :2x—-3y+m=0 va A, : y=Limt trang nhau?
Traloi: ...

X=-1+mt

yooit A, :x+my—4=0 bing 60°.

Cau 22. Timthamsé m dé goc giira hai duong thang A, :{

Cau 23. Viét phuong trinh duong thang d song song véi A: x+4y—2=0 va cach diém A(-2;3) mot
khoang bang 3 .

Cau 24. Viét phuong trinh duong thang A di qua A(5;1) va cach diém B(2;-3) maot khoang bang 5 .
Traloi: ..o

Cau 25. Tim tat ca c4c gia tri ciia tham s6 m dé khoang cach tir diém A(-1;2) dén duong thang
A:mx+y—-m+4=0 bing 24/5.

Traloi: ..o,

Cau 26. Trong mit phang toa dd Oxy, cho tam giac ABC, biét A(L;1), B(3;2),C(L3) . Tinh géc gitra hai
duong thang AB, AC .

Traloi: ..o,
LOI GIAI
Caul. Cho duongthing A:3x+4y—6=0 va A :x+y=1. Tim toa d6 diém M thudc A’ sao cho khoang
, <\ A N 4
cachtr M dén A bang £’
Tra 1oi: (2:-1),(-6.7)
Loi giai

. . x=t
Viét phuong trinh tham so6 A’ :{ 1t ;gol M(t;1-t)eA’.
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—t)— —t— t+2=4 t=2
Taco: d(M,a)=3tT4A=D=61_|-t-2|_4 { :{

—=|t+2=4=>
32 + 42 5 5 t+2=-4
Viy c6 hai diém thoa man dé bai 1a: (2;-1),(-6;7).
Cau 2.  Viét phuong trinh dudng thang d song song va cach dudng thang A:y—3=0 mot khoang cach 5 .
Traloi: y+2=0;y-8=0
Loi giai
Taco: d//A:y—-3=0= Phuong trinh d cd dang: y+c=0.

Taco: M(0;3)eA. Vi d cach A mot khoang bang 5nén d(d,A) =5

=2
:>d(|\/|,d)=5:>|3+C|:5:{C

JO+1 c=-8
Viy c6 hai phuong trinh duong thang thoaméan 1a y+2=0;y-8=0.

Cau 3. Chotam giac ABC co6 phuong trinh duong thang chira cac canh AB, AC,BC lan luot Ia:
X+2y—-1=0;x+y+2=0;2x+3y—-5=0. Tinh dién tich tam giac ABC.
Traloi: 18

Loi giai

A n a2 . i . X+2y-1=0 X=-5
Toa d¢ cta diem A la nghiém cua hé phuong trinh:

=
X+y+2=0 y=3
Suy ra diem A c6 toa do 1a (-5;3).
Goi AH la duong cao ké tir A cua tam giac ABC(H € BC). Ta co:

_|2-(-5)+3-3-5| 6413
V2% + 3 13

AH =d (A, BC)

Tir cac phuong trinh duong thing chira cac canh cia tam giac ABC ta tinh dugc

toa d6 cua diém B va diém C lan luot 1a (7;-3),(-11,9).

Do d6, d6 dai doan thing BC 13 6+/13.
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Dién tich tam giac bang %%6\/173 =18

Cau 4. Trong mit phang toa dd Oxy, cho diém 1(—2;4) . Tinh ban kinh ciia duong tron tam | tiép xdc voi

, X=2+3t . .
duong thang A: { 9_t’ (Lam tron két qua dén hang phan muoi).

Traloi: ~4,4

Loi giai
X=2+3t N R A \ , A ,
c6 vecto chi phuong 1a G(3;—1) nén nhan (L 3) lam vecto phap tuyén. Do do,

Puong thang A:{
phuong trinh tong quét cua duong thang A 1a: (x—2)+3(y+2)=0<«< x+3y+4=0.
Vi dudng tron tam | tiép xuc véi duong thang A tdm | bang khoang cach tir | dén duong thang A tam |

. . L P . . | (-2)+3-4+4]|
bang khoang cach tir | dén duong thang A. R=d(l,A) =
JIZ + 37

Cau5. Tim m dé hai dwong thang sau vudng goc véi nhau: A :x—my+1=0;A, :2x+3y+m=0.

~4,4.

Traloi: m= 2
3
Lovi giai
Vecto phéap tuyén cua duong thang A, : x—my+1=0 va duong thang A, : 2x+3y+m=0 lan luot Ia
n?(l;—m),n?(Z;B). Pé duong thang A, va A, vudng goc véi nhau thi
ELE@E-@:Oal-z—me:o@m:%.
Cau 6. Trong mit phang toa dd Oxy, cho diém A(=2;5) . Tim toa d6 diém M trén truc hoanh sao cho
duong thang A:3x+2y—3=0 cach déu hai diém AM .
Traloi: M (f;oj hoac M (3;0) .
3 3
Loi giai

Goi M (a;0) la diém thudc truc hoanh. Khoang cach tir A, M dén duong thing A:3x+2y—3=0 lan luot 12

1 |3a-3| .., . B
—_ . Viduong thang A:3x+2y—-3=0
V13 13 J J Y
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; . — 2
cach déu hai diem A,M nén i=|3a 3|<:>|3a—3|=1<:>a=% hoac azg.

Vi3 i3

o).

Vay M (%;Oj hoac M(

w N

Cau7. Cho cac duongthang d,:x+y+3=0,d,:x—y—-4=0 va d,:x—2y=0. Tim toa do diém M trén

d, sao cho khoang cach tr M dén d, bang hai lan khoang cach tr M dén d,.
Tra loi: M(2:1) hoic M (=22:-11).

Lovi giai
Ta cé diém M thuoc dudng thang d, khi va chi khi M (2t;t) vai t 1a tham sé.
Khoang cach tir M t6i d, bang hai 1an khoang cach tir M t6i d, nén

|2t +t+ 3] 0. |2t —t—4]|
V12 +1° VI +(-1)?

Vay M (2:1) hoic M (-22;-11).

<|3t+3|H2t-8|<>t=1 hoac t =-11.

Cau 8. Nha Nam c6 mét ao ca dang hinh chit nhat MNPQ véi chiéu dai MQ =30m, chiéu rong MN = 24m
. Phan tam gi4c QST 1a noi nuéi éch, MS =10m, PT =12m (v6i S, T lan luot 1a cac diém nam trén canh

MQ, PQ ) (xem hinh bén dudi).

M S Q
T
N P

Nam dung ¢ vi tri N clu ca va c6 thé quang ludi cau xa 21,4 m. Hoi ludi cau cd thé roi vao noi nudi éch hay
khéng?
Tra loi: khong thé
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Lovi giai

Jl}-"
M 5 Q
T
X
[ 2 »
O=N P

MN =24m va N(0;0) nén M (0;24).NP = MQ =30m nén P(30:0).

Q va M c¢6 cung tung o, Q va P c6 cung hoanh d6 nén Q(30;24).

S va M ¢6 cung tung d6, MS =10m nén S(10;24).

T va P ¢6 cung hoanh d6, PT =12m nén T(30;12).

Puong thang ST ¢6 vecto chi phuong ST = (20;—12) nén nhan fi = (3;5) lam

vecto phéap tuyén. Do d6, phuong trinh duong thang ST 1a: 3(x—10)+5(y —24) =0 <> 3x+5y—150=0.

Khoang cach tir diém N(0;0) dén duong thang ST 1a: 3 oJ+52-70—2150| ~ 25,72 > 21,4.
3°+5

Vi Nam quang ludi cdu xa 21,4m nén ludi cau khong thé roi vao noi nuéi éch.

Cau9. Timtham sé m dé cac duong thiang sau ddy song song:

A, :2x+(m*+1)y—3=0 va A, :x+my—100=0.
Traloi: m=1

Loi giai
A,, A, lan luot c6 vecto phap tuyén A, :(2;m2 +1),ﬁ2 =(Lm).

biéu kién can: A, //A, = i, ciing phuong véi fi, = 2-m :(m2 +1)-1:> m=1.
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Diéu kién dii : Voi m=1thi A, :2x+2y—-3=0,A,:x+y-100=0 (hai dudng thang nay di c6 cip vecto phap
tuyén ciing phuong nhau). Vi A(O;gj eA,AgA, nén A //A,. Dovay m=1 théa man dé bai.

Cau 10. Tim tham s6 m dé cac duong thiang sau dy song song:

x=8—-(m+1t
. va A, :mx+2y-14=0.
y=10+t

Tralei: m=Lm=-2

Loi giai
A, A, 1an lugt c6 vecto phap tuyén fi, = (Lm+1), 1, = (m;2).
Diéu kién can : A, //A, = i, cing phuong véi i,

m=1
:>1.2:(m+1)m:>m2+m—2:0:{ >
m=-—

Thir lai (diéu kién du):

) . Xx=8-2t . , .
-Véi m=1thi A, : { 10 t,AZ :X+2y—-14=0 (hai duong thang nay da cé cap vecto phap tuyén cung
y=1U+

phuong nhau). Vi A(8;10)eA,,Ag A, nén A, //A,. Do vay m=1 thoa man dé bai.

X=8+t

10 t,A2 :—2X+2y—14 =0 (hai duong thang niy da c6 cip vecto phap tuyén cling
y=1U+

-V6i m=-2 thi A, :{
phuong nhau). Vi A(8;10) e A,,Ag A, nén A, //A,. Do vay m=-2 théa man dé bai.

Vay ta tim dugc hai gidtri m théamanla m=1,m=-2.

. . Xx=2-3t
Cau 11. binh m deé hai duong thang A, :2x—-3y+4=0 va A, :{y—l amt vudng gbc vai nhau.

Traloi: m= _9
8
Loi giai

A,, A, c6 hai vecto phap tuyén 1a fi, = (2;-3),7i, = (4m;-3).
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Taco: A, LA, <0 -0, :Oc>2-4m+(—3)-(—3):0c>m:—§.
Cau 12. Timgiatri m dé hai duong thang A, :3x+4y-1=0vaA,:(2m-1)x+m?y+1=0
trung nhau?
Tra loi: khdng cé gia tri
Loi giai
A, A, c6 hai vecto phap tuyén 1a fi, = (3;4),f, = (2m -1 mz).
biéu kién can: A, A, triing nhau suy ra hai vecto fi,fi, ciing phuong, suy ra

m=

3m’=4-2m-1) < 3m*-8m+4=0<
m:

win N

Th lai:

V6i m=2 thi A,:3x+4y+1=0.Tathdy A(-L1) eA, ma AgA, nén A,,A, khong trung nhau (loai m=2 ).

Vi m=§ thi A, :%x+gy+1:0. Tathdy A(-L1)eA, ma AgA, nén A, A, khong trung nhau (loai m =2 ).

w|nN

Vay khéng c6 gia tri m nao thoa man dé bai.
Cau 13. Cho hai dudng thang A, :x+y—-10=0 va A, :2x+my+999=0. Tim m dé goc tao béi hai duong
thang trén bang 45°.
Traloi: m=0
Lovi giai

Hai duong thang A, A, c6 cap vecto phap tuyén i, = (L1), A, =(2;m).

M-f  [1-2+1-m|
R, 24+ m?

Vay m=0 thoa man dé bai.

[1-2+1-m| _Q =4+m’=4+4m+m*=m=0.

J2Jaem? 2

Taco: cos(A,,A,)= =C0545° =

Cau 14. Viét phuong trinh duong thang A di qua M va cach déu cac diém P,Q véi M (2;5), P(-1;2),Q(5; 4)
Traloi: d:x—-3y+13=0 hay d:x=2.
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Lovi giai ;
Goi fi=(a;b) 1a vecto phap tuyén cua duong thang A can tim.

Aqua M(25)=A:a(x-2)+b(y-5=0=A:ax+by-2a-5b=0.

|-a+2b—-2a-5b| |5a+4b—-2a-5b|

Ja? +b? Ja?+b?

-3a-3b=3a-b 3a=-b
IS .
-3a-3b=-3a+b b=0

Tacé: d(P,d)=d(Q,d) &

<:>|—3a—3b|=|3a—b|<:>[

Véi 3a=—-b;chon a=1=b=-3=d:x-3y+13=0.
V6i b=0;chon a=1=d:x=2.

Viy c6 hai phuong trinh duong thang thoa man dé bai:
d:x-3y+13=0 hay d:x=2.

Cau 15. CoO hai contau A, B xuét phat tir hai bén, chuyén dong theo duong thang ngoai bién. Trén man hinh
ra-da cua tram diéu khién (xem nhu mat phang toa d6 Oxy voi don vi trén cac truc tinh bang ki-16-mét), tai thoi

diém t (gio), vi tri cuatau A c6 toa do duoc xac dinh bai cong thic { 4425t ;vitritau B cOtoa dd la
y=-4+

(4-30t;3—-40t).
Tinh gan dtng cosin goc giita hai dudong di cua hai tau A, B.
Tra loi: ~0,00483
Loi giai
Hai dudng di (gia sir 1a hai dwong thang d,,d,) cta hai tau cé cip vecto chi phuwong
U, = (-33;25), 0, = (—30;-40) ; cosin goc tao béi hai duong thang la:

0,-G,] | -33-(-30)+25(-40)|

= ~0,00483.
Ul -|0,|  \[(~33)2 + 25 -\[(-30)° + (—40)?

cos(d,,d,)= |

Cau 16. CO6 hai con tau A, B xuét phét tir hai bén, chuyén dong theo duong thang ngoai bién. Trén man hinh

ra-da ctia tram diéu khién (xem nhu mit phing toa d6 Oxy véi don vi trén céc truc tinh bang ki-16-mét), tai thoi
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diém t (gio), vi tri ctatau A c0 toa do dugc xac dinh bai cong thirc { 44950 ;vitritau B cOtoa do la
y=—4+

(4—30t;3—40t) . Sau bao 1au ké tir thoi diém xuat phat, hai tau gan nhau nhét?
Traloi: 0,107 (giay).
Loi giai

Tai thoi diém t, vitritau A 12 M (3—33t;—4+25t), vi tri ciia tau B 13 N(4—30t;3—-40t). Taco

MN = /(L+3t)? + (7 —65t)? = /4234t> —904t + 50 .

MN nho nhét khi ham bac hai f (t) = 4234t —904t +50 dat gia tri nho nhat, lic dé:

b 904 226
2a 24234 2117

~0,107 (giay).

Cau 17. C6 hai contau A, B xuét phat tir hai bén, chuyén dong theo dudng thang ngoai bién. Trén man hinh
ra-da cua tram diéu khién (xem nhu mit phang toa d6 Oxy voi don vi trén cac truc tinh bang ki-16-mét), tai thoi

. . ] . , . . x=3-33t s ; .
diém t (gio), vitri ciatau A c0 toa do dugc xac dinh bgi cong thac { 4495t ;vitritau B cOtoa do la
y=-4+

(4-30t;3—40t). Néu tau A dung yén & vi tri ban dau, tau B chay thi khoang cach ngan nhat gitra hai tau bang
bao nhiéu?
Tra loi: 3,4(km)
Lovi giai
Khi tau A duang yén, vi tri ban dau caa n6 cd toa do P(3;—4); vi tri tau B tng véi thoi gian t 1a

Q(4-30t;3—40t);

PQ = /(1-30t)? + (7 — 40t)? = /2500t? — 620t +50.

. . b 620 31 .
Poan PO ngan nhat ing voi t=——= =——=0,124 (giay).
oan PQ ngan nhat img 2a 2.2500 250 (giay)

Khidé : PQ :\/2500-(0,124)2—620-(0,124)+50:%:3,4(km).

min

Cau 18. Vi gidtrindo ciia m thi hai duong thang A, :2x—3my+10=0 va A, :mx+4y+1=0 cat nhau?
Traloi: meR
Lovi giai
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Hai duong thang A, A, ¢6 cip vecto phéap tuyén fi, = (2;-3m), i, = (m;4).

Diéu kién @& A, cat A, 1a i, 1, khong ciing phuong
., 8 o
& 24#-3mmemT # 3 (dtng véi moi meR).

Vay véi moi s6 thuc m thi A, A, ludn cit nhau tai mot diém.
Cau 19. Vi gidtrindo cia m hai duong thang A, :mx+y-19=0 va A, :(m-1)x+(m+1)y—-20=0 vudng
goc nhau?
Tra loi: khdng cd gia tri m
Loi giai
Hai duong thang A, A, c6 cap vecto phép tuyén i, = (m;1),7i, = (M-Lm+1).

A LA, <0 -A,=0mM-D)+1.(M+)=0m*+1=0<med.

Vay khong cé gia tri m nao théa man.

. - O : x=8+(m+Dt . .
C&u 20. Tim m dé hai duong thang A, : y=10-t va A, :mx+6y—76=0 song song véi nhau.
Traloi: m=-3
Loi giai

Hai dudng thang A, A, ¢6 cip vecto phép tuyén i, = (Lm+1),1, = (m;6).
Diéu kién can dé A,,A, song song nhau la i, i, cing phuong

m=2
m=-3

c>1.6:(m+1)m<:>m2+m—6:0<:>[
Thir lai:

Véi m=2 thi A,:2x+6y-76=0< x+3y—-38=0.

Taco AB10)eA;,,AcA, nénloai m=2.

Véi m=-3 thi A,:-3x+6y—-76=0.Taco AB;10)eA,,A¢ A, nénloai m=-3 thoa man.

Vay voi m=-3 thi A;,A, song song nhau.
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, =2+2t
Cau 21. Voigiatrinao cia m thi hai duong thang A, :2x—-3y+m=0 va A, :{ Lemt trung nhau?
y=1+

Tra loi: khdng c6 gid tri m

Loi giai
Hai duong thang trén c6 cap vecto phap tuyén i, = (2;-3), 1, = (m;-2)..
Diéu kién can dé A, A, tring nhau la fi, i, cing phuong, suy ra 2(—2) = -3m=m= % . Khi d6:
JAVES 2x—3y+%:0.

Taco: A(2;1) €A, ma A(2;1) ¢ A, nén hai duong A, A, khong thé tring nhau. Vay khong c6 gia tri m nao
thoa man dé bai.

X=-1+mt

Cau 22. Timtham sé m dé goc gitta hai dudng thing Alz{y out A, x+my—4=0 bing 60°.
=9+

Traloi: m=+ 3vm:i\E

Hai duong thang da cho c6 cip vecto phap tuyén fi, = (,—m), i, = (L m).

Loi giai

i, - 1| [1-m?| :cos60°:>‘l_m2‘=1

0: ALA,)= =
Taco COS( 11 2) |ﬁ1|_| 2| \/1+m2.\/1+m2 14m? 2

=)

_m2) — 2 2 _
:>2‘1—m2‘:1+m2:{§8 mZ; 1:m 2:>|:3m 31:>m:i\/§vm:i\/g.
-m*)=-1-m

Vay m=+ 3vm=i\/§ thoa man dé bai.

Cau 23. Viét phuong trinh duong thang d song song véi A: x+4y—2=0 va cach diém A(-2;3) mot
khoang bang 3 .
Traloi: x+4y+3J17 -10=0;x+4y 317 -10=0
Loi giai
Taco: d//A:x+4y—2=0= Phuong trinh d c6dang: x+4y+c=0.
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|-2+4.3+c|

J1+16

Mt khac: d(A,d)=3= 3=]10+c|=317

c=3/17-10  |d,:x+4y+317-10=0
= = .

c=-3J17-10 |d,:x+4y—3J17-10=0
Vay ¢ hai duong thang théa man: x+4y+3y17 —10=0;x+4y—317 -10=0.
Cau 24. Viét phuong trinh duong thang A di qua A(5;1) va cach diém B(2;-3) maot khoang bang 5 .
Traloi: A:3x+4y-19=0

Lo giai

Goi fi=(a;b) 1a vecto phap tuyén cua duong thang A;A qua A(5;1) nén c6 phuong trinh
a(x—=5)+b(y-1)=0=d:ax+by—-5a-b=0.

Ta co: d(B,A)=52|2a:/3k2)_75?_b| = 5= -3a—4b|=5va* +b?
a“+b

= (3a+4b)’ = 25(a’ +b? ) = 9a” + 24ab +16b’ = 25a” + 25b°
=16a” +9b° —24ab=0=4a-3b=0=4a=3b.
Chon a=3=b=4. Ta c6 phuong trinh A:3x+4y-19=0.
Cau 25. Tim tat ca cac gia tri cia tham sé6 m dé khoang céch tir diém A(-1;2) dén duong thang
A:mx+y—m+4=0 bing 24/5.
Traloi: m=-2 va m:%
Loi giai

|m-(—1)+2—m+4|=|—m+2—m+4|=2\/§

Jm? +1° Jm? +1
=|m-3|=+/5-Ym?+1

& (m-3)* =5(m’ +1)

Taco: d(AA) =

< 4m?P+6m-4=0
m=-2

< 1
m==
2
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Vay véi m=-2 va m :% thi thoa yéu cau bai toan.

Cau 26. Trong mit phang toa dd Oxy, cho tam giac ABC, biét A(L;1), B(3;2),C(L3). Tinh goc gitta hai
duong thang AB, AC .

Tra loi: (AB, AC) ~ 6326

Loi giai

Vi AB= (2;1), AC = (0;2) lan luot 14 vecto chi phuong cua hai dudng thing AB, AC

Nén cos(AB, AC) =cos| (AB, AC) |=$=i.
|AB|-|AC| 5

vs)

Vay (AB, AC) 6326 .

©. C4u héi trac nghiém

Cau 1: Xét vi tri twong ddi ciia hai dwong thang 0, 1 X—2y+1=0 va d,:-3x+6y-10=0.

A. Trung nhau. B. Song song.
C. Vudng gbc v&i nhau. D. Cat nhau nhung khong vudéng géc nhau.
Loi giai
Chon B
d,:x-2y+1=0 1 -2 1
> —=—+——>d||d,.
d,:-3x+6y-10=0 -3 6 -10

Cau 2: Xét vi tri twong doi cia hai dwong thang d, :3x—2y—6=0 va d, :6x—2y—-8=0.

A. Trung nhau. B. Song song.
C. Vudng gbc voi nhau. D. Cat nhau nhung khéng vudng géc nhau.
Loi giai

Chon D

d:3x—2y-6=0—1,=(3-2) |S+22 ,

N —<6 -2 ——d,, d, cat nhau nhung khong vudng géc.
d,:6x-2y-8=0-1,=(6,-2) | =4 40
1 2
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Cau 3: Xét vi tri twong ddi cua hai dwong thang d, : g—% =1vad,:3x+4y-10=0.

A. Trung nhau. B. Song song.

C. Vudng gbc véi nhau. D. Cat nhau nhung khong vudéng goc nhau.
Loi giai

Chon C

3 4) —n-n,=0—d, Ld,.
d,:3x+4y-10=0— 1, =(3;4)

A e Ni o N . X=-3+4t x=2-2t'
Cau 4: Xét vi tri twong doi cda hai dwong thang d, :

vad,: -
y=2-6t y=-8+4t
A. Trung nhau. B. Song song.
C. Vudng gbc véi nhau. D. Cat nhau nhung khong vudéng géc nhau.
Loi giai
Chon B
X=-3+4t
1:{ gt —)A(—3;2)edl, Ul:(Z;—B) 2  _3
d {2 3 —>d,|d,
x=1-2t' - Acd
d,: ,—> U, =(-2;3) ¢,
y=4+3t

Ciu 5: Cho hai dwong thang (d,):mx+y=m+1,(d,):x+my=2 catnhau khi va chikhi:

A. m=2. B. m=+1. C. m=1. D. m=-1.
Loi giai
Chon C
mx+y=m+1(1
(d,)n(d,) < y @) c6 mdt nghiém
x+my=2(2)

Thay (2) vao (1) =>m(2-my)+y=m+le (1-m?)y=1-m(*)

1-m* =0
Hé phuwong trinh ¢6 mét nghiém < (*) c6 mot nghiém <:>{ ) 7&0 oS mzl.
m—1=

Ciu 6: Dwong thing (A): 3x—2y—7=0 cit dwong thing nao sau day?
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A. (d,):3x+2y=0 B. (d,):3x—2y=0
C.(d;):-3x+2y-7=0. D.(d,):6x—-4y—-14=0.

Lovi giai
Chon A

Ta nhan thdy (A) song song véi cac dwong (d, );(d,);(d,)

x=1-2t
Ciu 7: Giao diém M cua (d): va (d'):3x—2y—-1=0.Toadd cia M la
y=-3+5t
A M 2;—1—1 . B. M O;1 . C. M 0;—l . D.M —1;0 .
2 2 2 2
Lovi giai
Chon C
x=1-2t
Tac6 (d): = (d):5x+2y+1=0
y=-3+5t

3x—2y-1=0 |*° .

Tacé M =(d)n(d')= M la nghiém cua hé phwong trinh =
(d)n(d) Bhie P & {5x+2y+1:0 y:—z

Cau 8: Phuong trinh ndo sau day biéu dién dwong thang khong song song v&i dwdng thang (d ) y=2x-1

?

A. 2x-y+5=0. B. 2x-y-5=0.
C. -2x+y=0. D. 2x+y-5=0.

Loi giai
Chon D

Tacé (d):y=2x-1=(d):2x—y—-1=0 chonD

. . X=-2+5t . e
Ciu 9: Hai dwdng thing (d,): {y ot va (d,):4x+3y—18=0. Cit nhau tai diém c6 toa do:
A. (2;3). B. (3;2). C. (32). D. (2;1).
Lovi gii
Chon A

X=-2+5t

y=2t = (d,):2x-5y+4=0

Ta c6 (dl):{
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2Xx—-5y+4=0 X=2
Goi M =(d;)n(d,) = M la nghiém cta hé phwong trinh { y {

=
4x+3y-18=0 y=3

Ciu 10: Cho hai dwong thing (d,):mx+y=m+1,(d,):x+my =2 song song nhau khi va chi khi

A.m=2. B. m=+1. C. m=1. D. m=-1
Lovi gidi
Chon D
{mzl
m? =1 m=-1
(d,);(d,) song song nhau @{m2+m¢2<:> {m;tl om=-1
m -2

Ciu 11: Cho 4 diém A(1;2),B(4;0),C(%-3),D(7;-7). Xac dinh vi tri twong d6i cta hai dwong thing AB

va CD.
A. Song song. B. Cat nhau nhuwng khong vudng gdc.
C. Trung nhau. D. Vudng g6c nhau.
Lo giai
Chon A

Tacé AB = (3; —2),@ = (6;—4)

Ta co §=_—2
6 -4

Suyra AB//CD
Cau 12: V6i gi tri ndo cia m thi hai dwong thing (A,):3x+4y-1=0 va (A,):(2m-1)x+m’y+1=0

trung nhau.

A.m=2 B. moi m C. khéng c6 m D. m=+1
Loi giai
Chon C
3=2m-1
(A)=(A,) = 4=m’
-1=1 (VL)
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Cau 13: Trong mit phang véi hé toa dd Oxy, cho ba dwong thang lan lwgt c6 phwong trinh d, : 3x—4y +15=0,
d, :5x+2y—1=0 va d,:mx—(2m—-1)y+9m-13=0. Tim t4t ca c4c gi tri cla tham s6 m dé ba duong

thang da cho cung di qua mot diém.

A.mzl.. B. m=-5.. C.mz—l.. D. m=5.
5 5
Loi giai
Chon D

7

Ta cé:

d,:3x—-4y+15=0 =-1
{ 1 XY {X > d,~d, = A(-L3)ed,

=
d,:5x+2y-1=0 y=3
—-m-6m+3+9m-13=0<m=5..

Cau 14: Néu ba dwong thang d,: 2x+y-4=0, d,:5x—-2y+3=0 va d,:mx+3y—-2=0 dong quy thi m

nhan gia tri nao sau day?

A. E B —E. C. 12. D. -12.

5 "5
Lo giai

Chon D

d: 2x+y—-4=0
. =
d,:5x—2y+3=0 26
9
5m 26

>—+—-2=0=m=-12..
9 3

Cau 15: Vi gia trindo cia m thi ba dwomg thing d, :3x—4y+15=0, d, : 5x+2y—1=0 va d,:mx—4y+15=0

doéng quy?

A.m=-5. B. m=5. C. m=3. D. m=-3.
Loi giai

Chon C

d,:5x+2y—-1=0

d,:3x—4y+15=0
y=3

Xx=-1
<:>{ —d,nd, =A(-13)ed
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—->-m-12+15=0< m=3.

Cau 16: V&i gid trindo cia m thiba dwongthing d, : 2x+y—-1=0, d, :x+2y+1=0va d,:mx—y—-7=0 dong

quy?
A. m=-6. B. m=6. C. m=-5. D. m=5.
Loi giai
Chon B
' y 2= —d,nd, =A(L-1)ed, ©m+1-7=0< m=6.
d,:x+2y+1=0 y=-1

Ciu 17: Cho 4 diém A(-3;1),B(-9;-3),C(-6;0), D(-2;4). Tim toa dd giao diém cla 2 dwong thing AB va

CD.

A. (-6;-1) B. (-9;-3) C. (-9;3) D. (0;4)
Lo giai

Chon B

Tacé AB=(-6,-4)=VTPT n,, =(2,-3)= (AB):2x—3y=-9
Ta c6 CD =(4;4) = VTPT ny, =(1,-1)=(CD):x-y=-6
Goi N=ABNCD

2x—3y:—9:>{x:—9:> N (-9;-3)

Suyra N la nghiém ctaa hé {X_ y=_6 y=_3
Cau 18: Cho dwong thang d, : 2x+3y+15=0 va d, : x—2y —3=0. Khang dinh nao sau day dung?
A. d, va d, cit nhau va khong vudng goc vdi nhau.
B. d, va d, song song v¢&i nhau.
C. d; va d, trung nhau.
D. d; va d, vudng géc v&i nhau.
Lo giai
Chon A

Puong thingd, : 2x+3y +15=0 c6 mot vecto phap tuyén 1a n, =(2;3) va dwong thing d, : x—2y-3=0 c6

mét vecto phép tuyén 1a n, =(1,-2).
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Ta thdy % ” 32 va n.n,=21+3.(-2)=-4=0.

Vay d, va d, cat nhau va khong vudng goc véi nhau.

Cau 19: Hai dwong thiang d, :mx+y=m-5,d, :x+my =9 cit nhau khi va chi khi

A. m=-1. B. m=1. C. m=+1. D.m=2.
Loi giai

Chon C

CACH 1

Xét m=0 thi d; :y=-5, d, :x=9.R6 rang hai dwong thing nay cat nhau nén m=0 théa man.

Xét m=0 thid :y=—mx+m-5va d2:y:—i+9
m

. . m=0
Hai dwong thang d, va d, catnhaute -m#=-— < { (2).
m m ==+l

Twwvatacéo m==+1.

CACH 2

d; va d, theo th tw nhan cac vecto iy =(m;1), i, =(1;m) lam vec to phap tuyén.
dy va d, catnhau < ny va fi, khong cung phvong < mm=1.1< m=+£1.

Cau 20: Véi gia tri ndo cta m thi hai dwong thang
d,:3x+4y+10=0va d, :(2m-1)x+m?’y +10=0 trang nhau?
A.m+2. B. m=+1. C.m=2.D. m=-2.

Lovi giai

d,:(2m-1)x+m’y+10=0 ,_, 2m-1 m’ 10
d,:3x+4y+10=0 "3 4 10

2m-1=3
9, &S m=2.
m- =4

Cau 21: Trong mat phang vdi hé toa dd Oxy, cho hai dwong thang c6 phwong trinh

d, :mx+(m-1)y+2m=0 va d, :2x+y—-1=0. Néu d, song song d, thi:
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A. m=2. B. m=-1. C. m=-2. D. m=1.

Lo giai

{dl:mx+(m—l)y+2m:0 s, M _m=1 2m

d,:2x+y-1=0 2 1
-1+2
= S m=2.
m=2m-2
A A ~n . \ Z N X:2_3t <
Cau 22: Tim m dé hai dwong thang d, :2x-3y+4=0va d,: y=1_dmt cat nhau.
A.mi—l. B. m=2. C.m;«él. D.mzl.
2 2 2
Lovi giai
d,:2x-3y+4=0 ~
1 N=(2-3) g 4m -3 1
X=2-3t —— — s —F— o mE—.
d,: A, =(4m;-3) 2 -3 2
y=1-4mt
Chon C

CAu 23: Tinh géc gitra hai dwomg thing A:x—+/3y+2=0 va A": x++/3y—1=0.
A. 90, B. 120°. C. 60°. D. 30'.
Lovi giai

Chon C

Puong thang A c6 vecto phap tuyén n= (1; —\/é), duwong thang A’ c6 vecto phap tuyén n = (1; J3 )

: - 1-3| 1
Goi « 1a goc gitra hai dwdng thang A, A’ COSa:‘COS n,n’ ‘:|—:—:>a:60°.
' 8oc8 8 8 ( ) V1+341+3 2
Cau 24: Géc gitra hai dwong thdng a:v/3x—y+7=0 va b:x—+3y—1=01a:
A. 30°. B. 90°. C. 60°. D. 45°,
Lo giai
Chon A

Puong thing a c6 vecto phap tuyén la: nj = (\/5, —1);
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Puong thang b c6 vecto phap tuyén la: nj = (1; —\/5)

Ap dung cong thirc tinh goc gitta hai duong thang cé:

nn,  1B3+(-1)(—3) g3

cos(a,b)= Ll == Suy ra goc gitra hai dwong thiang bang 30°.
M-\nz\ 2.2 2

d :2x+5y-2=0 , d,:3x-7y+3=0

Cau 25: Cho hai dwong thang . Goc tao boi dudng thing by O

bang

A. 30°. B. 135°. C. 45°, D. 60°.
Loi giai

Chon C

Puomng thing d, : 2x+5y—2=0 c6 vecto phap tuyén n =(2;5).
Puomng thing d, :3x—7y+3=0 c6 vecto phap tuyén n; =(3;-7).

Goc gitra hai dwong thang dwoc tinh bang cong thirc

v o ﬁ1 'ﬁz \/224—52.\/324-(—7)2 29\/5 \/E

= (d,;d,)=45°
Vay goc tao bdi duwdng thdng d, va d, bang 45°.

X=2+t

Cau 26: Tim cdsin goc giira hai dwong thang A, :2x+y-1=0 va A, :{ 1t
y=1-

a o B3, ¢? p. 310,
10 10 5 10
Loi giai
Chon D

Vécto phap tuyén ctia dwong thing A, 1a n=(2;1) nén vécto chi phwong u =(1-2)

Vécto chi phwong ctia dwong thang A, 1a u’ = (,-1)

— ‘GJ" 3 3\/]5

Khi d6 cos(,;A, ) =[cos(u;u) = ] VB2 10
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i X=2-t
Cau 27: Tim goc gitra hai dwdong thing A, :x—2y+15=0 va A, :{y 4ot (teR
A. 5. B. 60°. C.0. D. 90°.
Lovi gii
Chon D

Puong thing A,c6 VTPT 14 n, (1-2)= IVTCP(2;1)
Puong thing A,c6 IVTCP(-1,2).
Nhanxét: u,.U, =0=>u, Lu, = A, LA, =(A,,A, )=90".

Cau 28: Tim cosin goc gitta 2 dwdng thang d, : x+2y—-7=0,d,:2x-4y+9=0.

A. i B.

5

C. D.

(S RN
ol w

i

Loi giai
Chon D

Ta c6 viptng, = (12);viptng, =(2;-4)

~ ‘ﬁdl-ﬁol2 jr2-24 3

cos(d;d") “ 2k 5

Nd,

s

Cau 29: Tinh gdc gitra hai dwong thiang A: X—\/§y+2 =0vaA': X+\/§y—1= 0?
A. 900, B. 1200°. C. 60o. D. 30o°.
Loi giai

Chon C
A cé vecto phap tuyén la nj = (1; —\/5) . A" c6 vecto phap tuyén la nj = (l; \/§) .
Khi doé:

, R W 11+(-3)43) .
cos(A;A ):‘cos(nl;nz)‘ = ‘ - 2‘ = ( ) _

_ 2 _
L] e (B) Jre(vE) YA

Vay gbc gitra hai dwong thing A, A' 13 60°.

N~
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Cau 30: Tinh gdc tao bdi gitra hai dwong thang d, :2x—y-10=0 va d, : x—3y+9=0.
A. 30°. B. 45°. C. 60°. D. 135°.

Loi giai
Ta co

2.1+ (-1).(-3)|

1
N R

(P:(dl;dZ) > COS ¢ -

d,:2x-y-10=0—f, =(2;-1)
d,:x-3y+9=0-1n, =(L-3)

—>@=45".Chon B

Cau 31: Tinh gdc tao bdi giira hai dwong thang d, : 7x—3y+6=0va d, :2x-5y—4=0.

AL B. ~. ¢ 2% D. 7.
4 3 3 4
Loi giai

Ta co

p=(d;dp)

d,:7x-3y+6=0—1, =(7;-3)
d,:2x-5y-4=0—1, =(2;-5)

[14+15| 1
CoS @ = —=—p=

J49+94+25 2

Chon A

z
7

Cau 32: Tinh gdc tao bai gitra hai dwong thang d, : 2x + 2\/3y+5=0va d,:y-6=0.

A. 30° B. 45° C. 60°. D. 90°.
Loi giai
Taco
dl:2x+2\/§y+5=0—>ﬁl:(l;\/§) o=(dit) ‘\/5‘ J3 ]
— 12 50Sp=—r—F——=—"—>>¢=30"
d,:y-6=0.>n,=(0;1) V1434041 2
Chgon A

Cau 33: Tinh gdc tao bdi giira hai dwong thang d, : x+\/§y =0vad,:x+10=0.

A. 30°. B. 45°. C. 60°. D. 90°.
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Lovi giai

d,:x++/3y=0-H, =( ) 05— o 1

d,:x+10=0—1fi, =(L0) V1+3+41+0

—>@=60". Chon C

Cau 34: Cho dwong thang d :3x+5y-15=0. Trong cic diém sau day, diém nao Khéng thudc dwong

thang d

A. M, (5;0). B. M,(-56). C.M,(0;3). D.M;(53).
Lovi giai

Chon D

Thay toa d6 cac diém vao phwong trinh dwong thiang d,tacé M;,M,,M, ed va M, ¢d.

Cau 35: Trong mit phang v&i hé truc toa dd Oxy, cho tam gidc ABC c6 A(4; 3), B(Z; 7), C (—3; —8) .Toa

d6 chan dwong cao ké tir dinh A xuéng canh BC la:

A. (-14). B. (1,-4). C. (14). D. (4;1).
Lovi giai
Chon C
Phuwong trinh dwong thang di qua hai diém B va C c6 dang: )2(12 ;/+§ < 3X-y+1=0_

Puong thang di qua A va vudng géc véi BC c6 phwong trinh:
1(x-4)+3(y—3)=0 < x+3y-13=0
Toa d6 chian dwong cao ké tir dinh A xuéng canh BC la nghiém cua hé phwong trinh:
3X—-y+1=0 x=1
= :
X+3y—-13=0 y=4
Cau 36: Cho dwong thang d :—3x+y—-5=0 va diém M (—2;1). Toa d0 hinh chiéu vudng goc cia M trén d

la

S

Loi giai
Chon B
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Goi A 1a duwdng thang di qua M va vudng goéc vai d .
Ta c6 phwong trinh ciia A la: Xx+3y-1=0

:
3x+y-5=0 |*7 7%

Toa dd hinh chiéu vuéng géc cia M trén d la nghiém cua hé phwong trinh: { 3v_1-0
X+3y-1=

.
5
Ciu 37: Toa do hinh chiéu vudng goc ctia diém M (1;2)1én duwong thing A:x—y=01Ia
A [3:3). B. (11). C.(22). p.[-3-3).
2 2 2 2
Lovi giai
Chon A

Puong thing A ¢6 1 VTPT1a n=(L-1)nén A c6 1 VTCP 1a u=(L1)

Goi H 1a hinh chiu vuéng géc ciia M (1;2) 1én dwdng thdng A, toa do H (t;t)

Vi MH LA:WLG:W.G:OQt—lﬂ—Z:O@t:g: H(ggj

Cau 38: Trong mit phang toa do Oxy, cho tam gidc ABC v¢i dinh A 2;4 , trong tAim G [2;%] . Biét rang

dinh B nam trén dwong thang d c6 phwong trinh x+y+2=0 va dinh C c6 hinh chiéu vudng goc trén

d ladiém H 2;—4 .Gias B a;b ,khidé T =a—3b bang

A. T =4. B.T=-2. C.T=2. D.T=0.
Loi giai
Chon C
G
B M C
H

Goi M la trung diém cua canh BC. Ta c6
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,suyra M 2;-1 .

| w

2g_ﬂ
HM = 0;3 suyra HM khong vudng gécvéi d nén B khong trung véi H.
Babed=b=-a-2.

Tam gidc BHC vuéng tai H va CM Ia trung tuyén nén ta c6

a=-1

MB=MH < a-2°+ a+l1°=9ca’-a-2=0< Al |

SuyraB —1;—1vaT=a-3b=2.

Cau 39: Cho hai diém A(3; —1), B(0;3). Tim toa d6 diém M thudéc Ox sao khoang cach tir M dén dwong
thang AB bang 1.
A M g;oj va M(L0).  B. M(V13,0).
C. M(4,0). D. M (2,0).
Loi giai
Chon A
Goi M (x;0).

Tacé AB=(-3;4)

Phwong trinh dwdng thang AB : 4x +3(y—3) =0 4x+3y-9=0.

E51%¢>5=Mx—qc> x=

X =

d(M;AB)=

) SN

Vay M (%;OJ;M (0).

Cau 40: Trong mdt phang v6i hé toa dd Oxy, cho hai diém A(L1), B(4;-3) va dwong thang
d:x—-2y-1=0.Tim diém M thudc d cé toa dé6 nguyén va théa man khodng cach tr M dén dwong
thang AB bang 6.
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A. M (37). B. M (7;3).

C. M (-43,-27). D. M (3;—2}
11
Lovi giai
{Med:x—2y—1:0—>M(2m+1;m),meZ o
. Khi do
AB:4x+3y-7=0
m=3
6=d(M;AB)=|8m+4+3m_7|@|11m—3|=3o@ 27 (I)—>M(7;3).Ch9nB
m=_
11

Cau 41: Biét rang c6 ding hai diém thudc truc hoanh va cach dudong thang A:2x—y+5=0 mot khoang
bang 2./5. Tich hoanh db cda hai diém dé bang:

A. —E. B. —é. C. —%. D. Dap sd khac.
4 4 4

Lovi giai

Goi M (x;0) e Ox thi hoanh d0 ctia hai diém d6 la nghiém ctia phwong trinh:

X=2=X
d(M;A)=2\/§<:>M:2\/§<:> 2 —)Xl-xzz—E

J5 15 4°

Chon A

Cau 42: Trong mat phang v&i hé toa d6 Oxy, cho hai di€ém A(3;-1) va B(0;3). Tim diém M thudc truc

hoanh sao cho khodng cach tir M dén dwong thang AB bang 1.

14 14
M(Z;oj M[?'O) M(_Z;Oj M(_?'Oj
A. 2 . . . G 2 . D. .
M (10) M(f;oj M (~1,0) M(—f;oj
3 3
Loi giai
7 7
M ‘0 — X=— M —,0
(x:0) Licd(mias) <15 (z j
AB:4x+3y-9=0 5

x=1->M(10)
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Chon A

Cau 43: Trong mat phang v&i hé toa d6 Oxy, cho hai diém A(3;0) va B(0;—-4). Tim diém M thudc truc

tung sao cho dién tich tam giac MAB bang 6.

M(0:0) B.M(0-8). CM(G0). b0

"M (0;-8) 0;6
Loi giai
Ta co
AB:4x-3y-12=0
AB =5
M (0;y)—> hy, —d (M:AB) =212
=0—>M(0;0
6:SAMAB=1-5-|3y+12|C> y ~ ( ) .
2 5 y=-8-M(0;-8)
Chon A
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