CAU HOI

Caul. Trong mat phang toa dd Oxy, cho cac vecto d=(—2;3),b = (4;1). Cac ménh dé sau ding

hay sai?

Ménh dé

Dung

Sai

a) | d4(@-b)=12

b) | (@+b)(2a-b)=4

c)

Vecto ¢ =mi + ] vudng goc véi & khi m=g

d)

Toa do vecto d sao cho a.d =4,b.d =2 bing (—

5 6

77

)

Cau2. Trong mat phang toa dd Oxy, cho cac vecto d=(2;5),b =(3;-7), ¢ = (L1). Cac ménh dé

sau dung hay sai?

Ménh dé Diing | Sai
a) | ab=29
b) | (a,b)=15°
¢) | (a,¢)~23,1986°
d) | .z = - - . e . 1
bé d =(4x+1)i +(x+4)] tao vdi vecto ¢ mot goc 45e thi x=—Z.

Cau 3. Cho hinh chit nhat ABCD, AB=4a,AD =3a.Goi M la trung diém cia AB,G la trong tam

tam giac ACM (Hinh).

r: M B
G
D C
Cac ménh d¢é sau dung hay sai?
Ménh de Pung | Sai
3 | oM - %ﬁ— 38C
b)| 56 -3BA+1eC.
2 3
) | BC-BA=0
d) | BG.-CM =-a’
Cau4. Cho hai vecto a,b thoaman |a|=3,|b|=4,(d,b)=150". Cac ménh d& sau dung hay sai?
Ménh dé Piing | Sai

a) | 4-b=-63

b) | G+b)-(G-b)=7.

©) | Gd+b)-(G—2b)=-5+30\3

d) | Ga+b)-(@—2b)=5+30\3




Cau5. Cho hinhvudng ABCD canh a. Ly E la trung diém cua BC, diém F thoa man ﬁ:%ﬁ

D C
£
A B
Céc ménh dé sau diing hay sai?
Ménh dé Piing | Sai
Y | RE-AB+ AD
by — 11— 55—
) AF=1AB+§AD.
4 4
c - 2. S
) EF:—3AB+1AD.
4 4
d) | Tam giac AEF vubng can.

Cau 6. Chotam giac ABC c6co AB =442, AC =6,BAC =45 . Goi D la trung diém cua doan thing
BC. biém E thoa man AE =kAC(k € R) (Hinh). Cac ménh dé sau dung hay sai?

A
B 5 c
Ménh dé Pung | Sai
a) | AB-AC =20
o) ap-L1as.1ac
2 2

) | pc=35
D1 AD 1 BE kni k=

15

Cau7. Chotam gidc ABC déu, duong cao AH. Cac ménh d& sau dung hay sai?

Ménh dé Pung | Sai

a) | (AB,AC)=30°

b) | (AH,CB)=90"

¢) | (CA BC)=120°

d) | (AH,BA)=130°




Cau 8. Cho hinhthoi ABCD c6 canh bang 2 va géc B bing 60 . Cac ménh dé sau ding hay sai?

Ménh dé

Ding

Sai

a) | (AB,AC)=60"

b) | (AB,DA) =30’

C) | DA-DC =3

d) | OB-BA=-3

Cau9. Chotam giac ABC vudngtai A cO AB=a,BC =2a. C4c ménh d& sau diing hay sai?

Ménh dé

Ding

Sai

a) | ACB=60"

b) | BA-BC =a®

¢) | BC-CA=3a>

d) | AB-BC+BC-CA+CA-AB =4’

Cau 10. Cho hinh vudng ABCD tam O, ¢6 canh a. Biét M 1a trung diém cia AB,G la trong

tdm tam gidc ADM . Cac ménh dé sau ding hay sai?

Ménh dé Pung | Sai
a) | AB-CA=a’
b . 2
' am.ac=2
3
)| o o a
AD-BD+OM - AC =?
d) | (AB+ AD)(BD +BC) = a?
Cau 11. Cho hinh vudng ABCD tam O canh bang @. Cac ménh dé sau dung hay sai?
Ménh dé Pung | Sai

a) | AB-DC =2a?

b) | AB-OC =a*

¢) | CA-OC =-a*

d) | (AB+AD)-(BC +BD) = a>

Cau 12. Cho hinh thang ABCD vudng tai A va B, biét AD =a,BC =3a va canh AB=2a. Céc

ménh dé sau ding hay sai?

Ménh dé Pung | Sai
a) | AB-BD =-4a’
b) | BC-BD =22’
€) | AC-BD =-2a’
d) | Goi 1,3 lan luot 1a trung diém cua AB,CD . Khi do AC - 1J = 6a’
Cau 13. Cho tam giac déu ABC, dudng cao AH . Cac ménh d sau dung hay sai?
Ménh dé Pung | Sai

a) | (AB,AC)=60"

b) | (AB,BC)=120"

c) (m,%) - 90°

d) | (HA, AB) =120°




Cau 14. Cho tam gidc ABC déu c6 canh a, c6 trong tim G . Cac ménh d& sau dung hay sai?

Ménh dé

Dung

Sai

a)

AB-AC =

b)

AG-AC =

INESINIES

c)

AGB =120

d)

a2

AG-GC="-
6

Cau 15. Cho tam gidc ABC ¢ AB =2a, AC =3a,BAC =60". Goi | 14 trung diém doan thang BC

. biém J thudc doan AC thoa man: 12AJ =7AC . Cac ménh d sau dung hay sai?

Ménh dé Pung | Sali
a) | AB-AC =4a?
o) | ar=328+3ac
2 2
c)

BJ=_AB+ " AC
12

d)

Al 1 BJ




LOI GIAL
Cau 1. Trong mat phang toa do Oxy, cho cac vecto d = (—2;3),b = (4;1) . Khi do:
a) a(@a-b)=12
b) (@+b)(2a—b) =4
c) Vecto C=mi + ] vubng goc voi a khi m =g
56

d) Toa do vecto d sao cho ad =4,b.d =2 bang (—7,7j

Loi giai:

| a) Sai | b) Diing | ¢) Ping | d) Piing

a)Tacd: a—b=(-6;2)=d(a—b)=-2(-6)+3.2=18;

d+b=(2,4),2a—b =(-8,5)= (d+b)(2a—b) =2(-8) +4.5=4.
b) Tacé: ¢=(m1).VicLa nén é-6=0:>—2m+3-1:0:>m=g.

5
X =

=4 —2X+3y=4 7 -
- o X+=y = / Véyd:(—ﬁ;g}
d=-2 4X+y=-2 y_6 77

o

¢) Goi d =(x;y). Ta co:

T o

7
Cau 2. Trong mat phing toa do Oxy, cho cac vecto d =(2;5),b =(3;-7), ¢ = (1) . Khi do:

a) ab =29
b) (a,b) =15°

¢) (a,C) ~ 23,1986°

- - . . o + 1
d) B¢ d = (4x+1)i +(x+4)]j tao vadi vecto ¢ mot goc 45 thi x=—Z.

Loi giai
| a) Sai | b) Sai | ¢) Ping | d) Piing
a) Ta co: cos(d,b) = qa'bﬁ = 2:3+5(7) =—£:>(é,5)=135°;
|af-|b| 224523+ (-7)F 2

a-c 21451 7458

cos(d,C)=——== =
|al-lc] 2?4852 .y124+12 58

— (d,C) ~ 23,1986° .

b) Ta co: d = (4x+1x+4) tao vdi ¢ mot goc 45° nén:



-C 4X+1+x+4

1E] V2 J@x 17+ (x+ 4y

= c0s45°

= OX+5 =£<:>5x+5=\/17x2+16x+17
V2 17x% +16x+17
Xx>-1 x>-1 1
o , , = e X=—=,
17x° +16X+17 = 25x° +50x + 25 8x°+34x+8=0 4

Cau 3. Cho hinh chir nhat ABCD, AB =4a, AD =3a. Goi M 1a trung diém caa AB,G la trong tam
tam giac ACM (Hinh).

A M B
o
D [
S
a) CM :EBA—BBC
b) BG = S BA+LBC.
2 3
c) BC-BA=0
b) BG-CM =-a2,
Loi gidi
| a) Sai b) Sai | ¢) Diing | d) Sai

Ta c6: m=w_ﬁ=%ﬁ_@

Vi G latrong tdm cua tam gidc ACM nén
T O i R e T T
3BG:BA+BM+BC:BA+EBA+BC:EBA+BC:BG:EBA+§BC.

Vi ABCD la hinh chit nhit nén BC = AD =3a,BC-BA=0.
Tacé: BG-CM = ZBA+=BC || ZBA-BC |~ 2BA’-BA-BC-2BC

:i(4a)2 —%-4a-3a—§(3a)2 =-3a’.

Cau4. Cho haivecto a,b thoamin |a|=3,|b|=4,(a,b)=150". Khi do:
a) 3-b=-63

b) (G+b)-(a—b)=17.



¢) (3d+b)-(G—2b)=—-5+30\3

d) (3d+b)-(G—2b)=5+30\3
Loi giai

| a) Ping | b) Sai | ¢) Pung | d) Sai

Taco: a-b=|d|-|b|-cos(d,b)=3-4-cos150" =—6/3.

(@+b)-(G-b)y=a*—b*=lal —1bP=3"-4>=7.
(3d+b)-(a—2b) =3a*-5d-b-2b>=31dl* ~5d-b-21bI
=3.32 =5(=6+/3)— 242 = —5+30/3.

Cau5. Cho hinh vudng ABCD canh a. Ly E la trung diém cua BC, diém F thoa man ﬁ:%ﬁ

Khi do:
D C
E
A B
1
Q) AE = AB+- AD
b) AF =L AB+2 AD.
4 4
¢) EF = AB+L AD.
4 4
d) Tam gidc AEF vudng can.
Loi giai
| a) Diing | b) Sai | ¢) Ping | d) Ping

Ta c6: E:E+ﬁ=ﬁ+%ﬁ=ﬁ+%ﬁ.

3o 1= 3

AF = AB+BF = AB+ > BD = AB+>(AD - AB) = L AB+ > AD.
4 4 47774
— — — (1= 3—) (= 1) 33— 1-—
EF =AF—AE =| ~AB+2AD |-| AB+=AD |= = AB+—AD.
[4 4 J( 2 J 4 4
Taco: AF-EF = 1 AB+34D | ZAB+1AD
4 4 4 4

33— —_— —
3 AB - L AR AD+ 2 AD 0= AF L EF.
16 2 16



2
Taco: AF <[ 2AB+3AD| = L AB*+ 3 AB.AD+ L AD = 2 AB’.
4 4 16 8 16 8

2
—2 22— - . - - —
EF =| 2 ag+1ap | =2 48" -2 AB-AD+ - aD =2 aB .
4 4 16 8 16 8

— AF? = EF? :gﬁz — AF = EF . Vay tam gidc AEF vudng cn tai F .

Chay: Ta c6 thé chizng minh tam giac AEF vudng bang dinh Ii Pythagore.

Cau 6. Chotam giac ABC c6cd AB =42, AC =6,BAC =45 . Goi D la trung diém ctia doan thing
BC. Diém E thoa man AE =kAC(k e R) (Hinh). Khi d6:

A
B 5 C
a) AB-AC =20
b) AD = L AB+LAC
2 2
C) BC:3\/§
d) AD L BE khi k=2
15
Lai gidi
| a) Sai | b) Diing | c) Sai | d) Piing

a) Taco: AB-AC = AB-AC-cos A=4+/2-6-c0s45 =24
e e e 11—

b) Ta co: BC = AC—AB,AD =_ AB+_ AC.

Khi do:

— P - 2 I 9

BC =(AC—-ABY=AC —2AC-AB+AB =6>—2.24+(4[2)? =20
:>BC:2\E.

—2 (11— 1=) (2 o2 o o

AD" =|=AB+-AC :—(AB +2AB-AC+AC)

2 2 4

=i[(4\/5)2+2~24+62J=29:>AD=\/5.

c) Taco: BE = AE— AB=kAC — AB. Tur do, ta co:



ﬁ.ﬁ=%(ﬁ+ﬁ).(kﬁ—ﬁ)

L o A a8 am A 1 2 2
= | KAB-AC+kAC" ~AB - AB-AC =5[24k+6 k—(42) —24}
—30k—28.

Khi dé ADLBE@E-@zO@%k—ZS:O@k:%.

Cau 7. Cho tam gi4c ABC déu, duong cao AH . Khi do:
a) (AB, AC) =30°

b) (AH,CB) =90’
¢) (CA,BC)=120°

d) (AH, BA) =130°

Loi giai
| a) Sai | b) Pung | ¢) Ping | d) Sai
a) Ta co: (AB,AC)=BAC =60".
b) Ta cé: (AH,CB)=90" do AH L BC.
c) Cach giai 1: Goi D la diém déi xtng véi B qua C, ta co: BC =CD.
Khi dé: (CA BC)=(CA,CD)=ACD =120".
Cach giai 2: Ap dung tinh chat duoc rit ra tir dinh nghia:
(a,b) =180" —(—4,b) =180" —(a,-b), ta duoc:
(CA,BC)=180"— (CA,CB) =180" — ACB =180" - 60" =120".
d) Taco: (AH,BA)=180"—(AH, AB) =180" — BAH =180"—30" =150".
Cau 8. Cho hinh thoi ABCD c6 canh bang 2 va géc B bang 60°. Khi dé:
a) (AB,AC)=60"
b) (AB, DA) =30’
c) DA-DC =3
d) OB-BA=-3
Loi giai
| a) Ping | b) Sai | c) Sai ’ d) Ping




D C

Xét hinh thoi ABCD c6 ABC =60 = BAD =120"; tam giac ABC c6

AB = BC =2, ABC =60" = AABC déu canh 2:>OB:¥:\/§.

Ta co: (AB, AC) = BAC =60’ ,(AB, DA) = 180" —(AB,AD) = 180" — BAD = 180" —120° =60’
Ta co: DA-DC = DA|-| DC|cos(DA, DC) = DA-DC-cos ADC =2-2-c0s60° =2

B

@-ﬁ:—B_O'-ﬁ:—|%|-|ﬂ|~cosABo=—Bo-BA-cos3o°=—\@.2-73=—3.
Cau 9. Chotam gidc ABC vudng tai A c6 AB=a,BC =2a. Khi do:

a) ACB=60"

b) BA-BC =a?

c) BC-CA=3a%

b) AB-BC+BC-CA+CA-AB =-4a’

Loi giai
| a) Ding | b) Diing | c) Sai | d) Piing |
Xét tam giac vudng ABC : AC =+/BC?—AB’ = \/(2a)2 —a% =a+/3, cos ABC :% :2%1 =%

= ABC =60 = ACB=30".

Tac6: BA-BC =|BA|-|BC |-cos(BA, BC) = BA-BC -cos ABC :a-Za%:az.

Taco: BC-CA=—-CB-CA=—|CB|-|CA|cos ACB
— _CB-CA-c0s30° :—2a-a\/§-g:—3a2.

Vi tam gidc ABC vudng tai A nén CA-AB=0.

Taco: AB-BC =-a?,BC-CA=-3a’.

Suy ra AB-BC +BC-CA+CA-AB =-a’—3a’ =—4a’.

Cau 10. Cho hinh vudng ABCD tam O, c6 canh a. Biét M 1a trung diém cia AB,G la trong
tdm tam gidc ADM . Khi do:

a) AB-CA=a’



a2

b) AM -AC ==
3

a2

c) E-@+W-A_C':?

d) (AB+ AD)(BD +BC) = a?

Loi giai
| a) Sai | b) Sai | ¢) Ping | d) Piing
A D
= —
M
O
B C

Do dai duong chéo hinh vuéng ABCD canh a la AC=BD=+a?+a’>=a/2.
Taco: AB-CA=—AB-AC =—| AB|-| AC|-cos(AB, AC)

=—AB-AC-cosBAC =—a-a\?2 -cos45 =—-d*
AM -AC =l AM -1 AC | -cos(AM, AC)

2

=AM-AC-cosCAM=§-a 2.cos45°=“7
Ta co: m@+m.ﬁ:ﬁ\.ﬁ+%m.ﬁ:|ﬁ|.|ﬁ|.cos(m,®_§mm

=DA~DB'COSADB—%AD'AC°COSCAD
=a-a\/5~cos45° —%a~ax/§~cos45° =da’ —%az =—a’.

Tacd AB+AD =AC (quy tic hinh binh hanh).

Do d6: (AB+ AD)(BD +BC) = AC(BD + BC)

—AC-BD+AC-BC=CA-CB=ICAI|-1CBlcosACB = a-a\2 cos45’ = a*
—

0
(trong d6 AC-BD=0 vi AC LBD ).

Cau 11. Cho hinh vudng ABCD tam O canh bang @. Khi do:
a) AB-DC =2a’;

b) AB-OC =a?;



c) CA-OC =-a*;
d) (AB+ AD)-(BC +BD) = a’

Léi gidi

| a) Sai | b) Sai | ¢) Ping | d) Piing

a) Do AB,DC cung huéng nén (AB,DC)=0°.
Suy ra: AB-DC = AB-DC-cos(AB,DC) =a-a-cos0 =a’.
b) Hai vecto AO,0C cung huéng, do d6 (AB,OC) = (AB, AO) = BAO =45

a2 2

Ta co: E-FCEAB-OC-COS(N?;,O—C):a-T-cos45°:%.

¢) Hai vecto CA,OC nguoc huéng, do d6 (CA,OC) =180".

Suy ra CA-OC =CA-OC -cos(CA, OC) :a\/§-¥-cosl80° =—-a’.

d) Tacé: (AB+ AD)-(BC +BD) = AC - (BC + BD) = AC -BC + AC -BD =CA-CB (trong d6
AC L BD= AC-BD=0).

Ta co: CA-CB=|CA|-|CB|-cos(CA CB)=CA-CB-cos ACB =a+/2-a-cos45 = a’.

Vay (AB+ AD)-(BC +BD) =a’.

Cau 12. Cho hinh thang ABCD vudng tai A va B, biét AD =a,BC =3a va canh AB=2a. Khi
do:
a) AB-BD =-4a’

b) BC-BD = 2a’
c) AC-BD =-2a>

d) Goi 1,J lan luot 1a trung diém cua AB,CD . Khi d6 AC - 1J = 6a’

Loi giai
| a) Ping | b) Sai | c) Sai ’ d) Ping
A, a D
2a J




a) Tinh AB-BD. Taco: AB-BD = AB(BA+AD) = AB-BA+ AB-AD
%f_/

0
_AB-BA=-AB =—AB’ =—4a’.
b) Tinh BC-BD. Tacé: BC-BD = BC-BD-cos(BC, BD) = BC - BD - cos DBC

:BC-BD-cosBDA:BC-BD-z—l;:BC-AD=3a3.

(trong d6 DBC = BDA Vi la hai géc so le trong).

c) Tinh AC-BD.

Tacé: AC-BD =(AB+BC)(BA+AD)=AB-BA+AB-AD+BC-BA+BC-AD
=—EZ+O+O+BC-AD-COSOO=—ABZ+3a-a-1=—(2a)2+3a2:—az.

d) Tinh AC-1J . Ta cé:

AC-1J =(AB+BC)-1J = AB-1J + BC-1J = BC-1J -cos 0° = 3a-2a-1= 64>
—

0

Cau 13. Cho tam giac déu ABC, duong cao AH . Khi do:
a) (AB, AC)=60"

b) (AB,BC)=120"
c) (AH,BC)=90°
d) (HA, AB) =120°

Léi gii

| a) Diing | b) Diing | ¢) Ping | d) Sai

a) (AB,AC)=BAC =60".
b) Dung hinh binh hanh ABCD, ta cé: BC = AD.
Suy ra: (AB,BC)=(AB, AD) = BAD =180 — ABC =180" - 60" =120".

c) Tam giac ABC déu nén AH L BC. Suy ra (m,ﬁ):%"

d) Dung hinh binh hanh ABEH , ta c6: AB = HE .
Suy ra: (HA, AB) = (HA HE) = AHE =180" — BAH =180" 30" =150 .

Cau 14. Cho tam giac ABC déu c6 canh a, c6 trong tdm G . Khi do:

a.2

a) AB-AC==-
2



—_— a2

c) AGB =120’

c) AG-GC="-

Léi giai

| a) Ping | b) Sai | ¢) Pung | d) Sai

a) AB-AC = AB|-| AC|-cos(AB, AC) = AB- AC-c0s60" ==

b) AG-AC =| AG |-| AC|-cos(AG, AC) = AG-AC -c0s30" ==

c) Tam gidc AGB c6 GAB=GBA=30" = AGB =120

a3 a3 a2
6

— GA-GB =GA-GB- cosAGB—T —coleO =

Cau 15. Cho tam gidc ABC cO AB =2a, AC =3a,BAC =60". Goi | 1a trung diém doan thang BC
. biém J thudc doan AC thoa man: 12AJ = 7AC . Khi do:
a) AB-AC =4a’

b) Al =S AB+> AC
2 2

¢) BJ =—AB+-_ AC
12

d) Al LBJ

Léi gii

| a) Sai | b) Sai | ¢) Ping | d) Piing

a) AB-AC = AB-ACcosBAC =2a-3a-c0s60" =3a’

b) Do I 1a trung diém BC nén ﬂ:%(ﬁ+ﬁ)=%ﬁ+%ﬁ
Uy f—
c) BJ:BA+AJ:—AB+EAC
wiai Loas o acy ag. LA L [
c) Al -BJ ==(AB+AC)| —-AB+—AC AB +—AB-AC-AB- AC+—AC
2 12 2 12 12

~ 1 4a7+ L 397 307+ 922 | =0
2 12 12



Vay Al 1 BJ



